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Abstract

This thesis presents a measurement of the W boson helicity fractions in the tt̄ di-

electron final state. The top pair events are produced in proton-proton collisions at

a center-of-mass energy of 8 TeV, collected by the CMS experiment at the Large

Hadron Collider (LHC), corresponding to an integrated luminosity of 19.7 fb−1.

Only events with two energetic opposite-sign electrons, at least two b-tagged jets

and large missing transverse energy in the final state, are considered as di-electron

tt̄ signal. The tt̄ event is fully reconstructed using the Analytical Matrix Weighting

Technique (AMWT).

The helicity fractions of the W boson are estimated from the cos θ∗l distribution

using an event-by-event re-weighting technique. Within the quoted statistic and

systematic uncertainties, the results are in good agreement with the Standard Model

prediction at the 95% confidence level. The results are also consistent with other W

boson polarization measurements in the CMS and the ATLAS experiments.

While the W boson helicity fraction measurements are the main topic of this

thesis, some important features of new silicon strip sensors for the CMS outer tracker

upgrade are also investigated in this study.

Keywords: CMS detector, W boson helicity fractions, tt̄, Silicon strip sensors.
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Chapter 1

Introduction

One of the most extensively studied areas of physics during the last decades has

been the quest for a theory which could describe the entire particle content of our

universe together with the interactions amongst them at all possible energies. The

Standard Model (SM) of elementary particle physics [1–3], effectively describes all

known particles in our universe and is able to include the electromagnetic, the

weak, and the strong nuclear forces. Despite success of the SM, there are some

puzzling features of observations remaining unexplained. The role of experimental

physicist in the continuing pursuit of a complete description of fundamental particles

is to test theories by observation, and to cross-check the SM with new observations

which could signify new physics. The SM is theoretically inconsistent with general

relativity [4], Einstein’s well-tested theory of gravity. Then the SM is not regarded

as the ultimate theory of the fundamental particles although gravity is too weak to

play a significant role at the masses and energies considered in the particle physics.

This chapter continues with a description of elementary particles, section 1.1. An

overview of particle physics interactions are described in section 1.2. Within the SM

of elementary particle physics, all mutual interactions among particles are described

in the framework of relativistic quantum field theories. In this framework, the fields

can interact among each other by requiring the theory to be invariant under local

gauge transformations. The theoretical interpretation of particle physics interactions

as well as mechanism of spontaneous symmetry breaking, which gives mass to all

particles, will be discussed in section 1.3. This chapter continues with discussion of

the heaviest particle within the SM, the top quark, in section 1.4. In this section, an

overview of the current theoretical and experimental status within the field of top

quark physics are given. This chapter will be concluded with studying basic theory

on the W boson polarization, introducing anomalous tWb vertex and providing

latest results on the W boson polarization measurements in different experiments.
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CHAPTER 1. INTRODUCTION 2

1.1 Elementary particles

The SM of particle physics is a theory which explains the constituents of the matter

and their interactions. According to spin property, the elementary particles are

divided to two main categories: fermions with a spin of 1/2 which considered to built

up all known matter, and bosons with integer spin values responsible for interactions.

An overview of all elementary particles can be found in Figure 1.1.

Figure 1.1: A table of all the elementary particles in the SM in association
with some of their properties. The faint gray lines indicate which gauge bosons
interact with which fermions [5].

Fermions are characterized by Fermi-Dirac statistics and follow the Pauli ex-

clusion principle, which forbids two fermions from occupying the same quantum

state. The fermion group consists of 12 particles that are either labelled as leptons

or quarks. Since quarks have electric and color charges, they can contribute to all

three main interactions. Quarks have fractional electric charges, with the up-types

having a +2/3 electric charge, and the down-types having charge of -1/3 units of

elementary charge. They have only been observed in combined or bound states

of hadrons, while leptons can exist as free particles. Colorless leptons can exist

as charged or neutral, the charged leptons interact both electromagnetically and

weakly while neutral ones known as neutrinos, only contribute to weak interaction.

For each of these fermions, there exists a charge-conjugate partner, called an

anti-particle with the same quantum numbers but an opposite electrical charge.

Quarks and leptons can be grouped into three generations, where each successive

generation is a heavier copy of the previous one. Each generation or family consists

of eight particles: two quarks, a lepton and its corresponding neutrino, and the
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related antiparticles as shown in Figure 1.1. The fermions masses span many orders

of magnitude, so that the first generation quarks (up and down) have relatively low

masses (2.3 and 4.8 MeV/c2, respectively), while the third generation quarks have

orders of magnitude higher in mass (the top and bottom quarks have masses of

approximately 173.5 and 4.65 GeV/c2, respectively) [5].

The elementary particles can interact with each other depending on their quan-

tum numbers. Within these interactions, particles can be converted into different

particles or formed as stable states of matter. These processes are followed by

energy-momentum, spin, and charge conservation laws. The lightest particles are

stable, whereas heavier particles quickly decay to the next most stable level. There-

fore, all visible stable matters surrounding us are made out of particles from the

first generation. A proton is formed by two up quarks and one down quark, while

a neutron is formed by one up quark and two down quarks. Together with the

electron, these three particles can bind into all different kinds of atoms. Particles

in second and third generations are highly unstable and decay to particles of lower

mass states, hence to study the nature of them, they have to be produced under

laboratory conditions.

In addition to the fermions, the SM also contains spin-1 gauge bosons, which

are the quanta of the fields responsible for the interactions between particles. The

photon (γ) as a massless particle, coupled to electric charged particles, mediates the

electromagnetic force. The electromagnetic force is responsible for binding electrons

in the atom. The other massless gauge boson of the SM is the gluon which carries

a color anti-color charge. Various combinations of three different colors of the SM

(red, green and blue), result in eight different gluons. The strong force is responsible

for binding quarks into hadrons, as well as binding the protons and the neutrons in

the nucleus. The massive W± and Z bosons, field carriers of the weak interaction,

constituent other group of gauge bosons. The weak force is responsible for switching

flavor between quarks and leptons. An overview of all gauge bosons in the SM with

their electric charges and masses is given in Figure 1.1.

In addition to the bosons carrying three fundamental forces within the SM,

there exists also one more spin-zero boson: the Brout-Englert-Higgs boson. The

Higgs boson is the only fundamental scalar particle in the SM which is responsible

for giving masses to all other particles via the mechanism of electroweak symmetry

breaking [6–8] (see section 1.3.2). The evidence of new boson was recently observed

in 2012 by both of the CMS and the ATLAS experiments at the Large Hadron

Collider (LHC) [9, 10].
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1.2 Fundamental interactions

The SM of elementary particles contains three fundamental interactions: the strong

nuclear, the electromagnetic and the weak nuclear forces. The fourth known ele-

mentary force is gravitation, which is described by the theory of General Relativity.

Up to now, no combination of all four forces to a general universal theory could

be achieved. The interactions between fundamental particles are described by the

Quantum Field Theories (QFT) which is combination of the Quantum Mechanics

and the Special Relativity.

1.2.1 The Electromagnetic interaction

In the SM, the electromagnetic interaction is described by the Quantum Electrody-

namics (QED) theory [11], which is a local invariant gauge theory under U(1) rota-

tions. The theoretical predictions of the QED have been confirmed experimentally

up to extremely high precision. All electric charged particles interact electromag-

netically via a massless and electrically neutral photon, indicating that the range

of the interaction is infinite. The power of the electromagnetic force is inversely

proportional to square of distance. In QED theory, the strength of interaction can

be represented by a dimensionless parameter, the fine structure constant:

α = e2/hc ∼= 1/137, (1.1)

where c is the velocity of light and h is the Plank constant.

The electromagnetic and the strong forces are both symmetric under charge

conjugation (C), which means that the dynamics of those forces are unchanged by

swapping every particle with its anti-particle. Figure 1.2 shows an electron scattering

off of another electron by exchanging a photon. In the electron scattering process,

two electrons reach to interaction point, exchange a virtual photon, and start moving

away from each other.

e

e

e

e

γ

e

e

e

e

γ

Figure 1.2: Electron-electron scattering Feynman diagram. The solid and wavy
lines indicate the electrons and the photon directions, respectively. Time flows
upwards.
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1.2.2 The Weak interaction and Electroweak unification

The W± and Z bosons as carriers of the weak interaction, couple to all particles

with couplings that are proportional to their weak charge. While the W± bosons

exist with electric charge, the Z boson is an electrically neutral particle. Their high

masses limit the range of the weak force to approximately 10−18 m.

The Z boson couples with different strengths to left chiral and right chiral parti-

cles while the W± bosons couple only to left chiral particles and right chiral antiparti-

cles. Furthermore, the weak interaction violates parity maximally. This means that

it’s behaviour is not symmetric under spatial point reflections. The most prominent

example for a weak interaction is the β-decay of a neutron transforming into a pro-

ton while emitting an electron and an electron anti-neutrino. This happens via the

emission of a virtual W− boson. The Feynman diagram of such decay process is

given in Figure 1.3.

u

d

-e
eν

-
W

du

u
d

n

p

Figure 1.3: β-decay of a neutron to a proton plus electron and related anti-
neutrino via weak interaction.

Since weak force eigenstates are not the same as mass eigenstates, then weak

decay across generations is possible in the weak interaction. The relation between

the two kinds of eigenstate is given by the so called Cabbibo-Kobayashi-Maskawa

(CKM) matrix [12, 13]: d
′

s′

b′

 =

Vud Vus Vub

Vcd Vcs Vcb

Vtd Vts Vtb


ds
b

 (1.2)

In the case of three fermion generations, the CKM matrix is a 3× 3 unitary matrix

which can be parametrised by three mixing angles and one CP-violating phase.

This matrix transforms the mass eigenstates of the down type quarks (d, s, b) into

the weak force eigenstates (d′, s′, b′). The element of this matrix |Vij| represents

the probability that a quark type i decays into a quark of j flavour. To check the

unitarity of the CKM matrix, many measurements have been performed by different
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experiments. The latest results on the CKM matrix elements are given in equation

1.3 [5].

VCKM =

0.97427± 0.00015 0.22534± 0.00065 0.00351+0.00015
−0.00014

0.22520± 0.00065 0.97344± 0.00016 0.0412+0.0011
−0.0005

0.00867+0.00029
−0.00031 0.0404+0.0011

−0.0005 0.999146+0.000021
−0.000046

 (1.3)

The nearly diagonal feature of the CKM matrix, implies the preference for flavor-

changing processes within one generation. For instance, indirect measurements of

|Vtb| ≈ 1 suggest that the top quark will decay predominantly to a bottom quark.

Transitions between quarks of different generations are suppressed due to the small

magnitude of non-diagonal elements. The quark decay rate to different quark flavors

depends upon the interaction strength between two quarks as given by the CKM

matrix elements.

Although at first sight, electromagnetic effects and phenomena of the weak inter-

action seem very different, above certain energy scale, both forces can be explained

within the unified electroweak theory. This theory was first introduced by Glashow,

Weinberg, and Salam (GWS) [14–16]. The electroweak Lagrangian is required to be

invariant under local SUL(2)⊗ UY(1) gauge transformation. The subscript L indi-

cates a coupling only to left handed spinors and Y refers to the weak hypercharge,

defined by the Gell-Mann Nishizima formula:

Q = T3 + Y/2, (1.4)

where Q and T3 are the particle charge and third isospin component, respectively.

The requirement of invariance under SUL(2) and UY(1) transformations introduces

a triplet (referred as W1,2,3
µ ) and a single (called Bµ) vector fields. More details on

the unification are given in section 1.3.1

1.2.3 The Strong interaction

A similar analogy to the QED and the electroweak interactions lay behind a de-

scription of the strong interactions in the SM, known as quantum chromodynamics

(QCD) [17] theory. The strong interaction describes the interaction between quarks

and gluons. The QCD model is a quantum field theory corresponding to the non-

abelian SUC(3) gauge group, where the C subscript stands for color charge.

QCD introduces internal quantum numbers called color charges as ”red”, ”green”

and ”blue”. Every quark carry a color while every anti-quark carry an anti-color.

The strong force carrier, gluons, have one color and one anti-color charges. With

three different color charges, there are nine different possible combinations which
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constitute a ”color octet” or a ”color singlet”. The singlet is color-neutral, and the

color octet states construct gluons, mediating the strong force. Unlike photons in

the electromagnetic interaction, gluons have color charge and they not only mediate

the interactions between quarks, but also interact strongly with each other. The

Feynman diagrams of gluon self interactions are given in the left side of Figure 1.4.

The ”running coupling constant” of the strong interaction can be written as:

αs(
∣∣q2
∣∣) =

12π

(11n− 2f)ln(|q2| /Λ2
QCD)

(
∣∣q2
∣∣� Λ2

QCD), (1.5)

where q is the momentum of the virtual gluon, n = 3 is the number of colors,

f = 6 is the number of flavors, and ΛQCD as a energy scale constant determined

experimentally to be between 100 and 500 MeV. In the right side of Figure 1.4,

dependency of the QCD coupling constant on energy scale is shown. The relationship

between distance and momentum scale of the QCD interaction is determined by

the uncertainty principle, d = c∆t/Q. The strength decreases at short distances,

known as asymptotic freedom, and increases at large distances, which is called ”color

confinement” and leads to the fact that free quarks and gluons do not exist.

g

g

g

g

g g

g

Figure 1.4: Left: Gluon self interactions with three and four vertices. Right:
Running the strong coupling constant, αs in dependence of the energy scale, Q.

1.2.4 The Gravitation interaction

The fourth known elementary force is gravitation, which is described by the theory

of the General Relativity. The gravitational force is thought to be mediated by the

massless particle with spin two, named graviton. Since the gravitons are massless
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and do not themselves carry any charge, they can be exchanged over infinite range.

Due to the size of the elementary particle masses, gravity does not play a significant

role in comparison to the other interactions and can be safely neglected at the

currently achievable energy scales. Apart from the lack of a complete unification of

three fundamental forces in the SM, the gravitation force can never included in the

SM to make a complete theory explaining all phenomena in the universe.

1.3 Theoretical framework of Standard Model

As mentioned at the beginning of previous section, interactions between fundamental

particles are described by the QFT. In this theory, fermions are described by fields

which are the solutions of the Euler-Lagrange equations. The interactions between

these fields are mediated by the gauge bosons. These interactions are introduced

by requiring the theory to be locally invariant under phase transformations. In the

SM, these transformations are generated by the gauge groups [1–3]:

GSM = SU(3)C ⊗ SU(2)L ⊗ U(1)Y , (1.6)

where the group SU(3)C introduces the gauge symmetry of the strong force, and

the group SU(2)L ⊗ U(1)Y represents the unified electroweak interaction. The elec-

troweak symmetry is spontaneously broken using the Higgs mechanism which results

in one massless and three massive gauge bosons. This mechanism predicts the exis-

tence of new spin-0 particle, the Higgs boson. The general form of the Lagrangian

density for the SM framework can be written as [1–3]:

LSM = Lg + Lf + Lφ + LY ukawa, (1.7)

which includes spin-1/2 matter field (the fermions), the spin-1 interaction fields (the

gauge bosons), the spin-0 scalar field (the Higgs doublet φ), and Yukawa interactions

between fermions and Higgs field. In this section, firstly the gauge groups constitut-

ing the SM will be explained. Afterwards the higgs mechanism which responsible

to give masses to particles will be introduced.

1.3.1 Gauge groups

The interaction between fermions within the SM is derived based on the concept of

local gauge invariance. In this framework, the Dirac Lagrangian for a free massive

fermion as a Dirac-spinor field ψ is written as:

LDirac = iψ̄γµ∂µψ −mψ̄ψ, (1.8)
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In this equation, γµ are the Dirac matrices, ψ and ψ̄ represent the fermion and

anti-fermion Dirac fields and m is the mass of the fermions.

Following the gauge invariance principle, it has to be invariant under a local

phase transformation. The transformation is given by:

ψ → ei~ε(x)·~τ
2ψ, (1.9)

where ~ε(x) is space-time dependent rotation vector represented by the generator ~τ .

In the case of rotation which depends on the space-time coordinates, the Dirac

Lagrangian described in equation 1.8 is not invariant under transformation defined in

equation 1.9. In order to preserve the gauge invariance locally, the normal derivative

∂µ in equation 1.8 has to be replaced by a so-called covariant derivative Dµ defined

as:

Dµ = ∂µ − ig
~τ

2
· ~Aµ, (1.10)

where the coupling constant g determines the universal interaction strength, and Aµ

is a new interacting vector gauge field which compensates the local gauge transfor-

mation if changes as:

~Aµ → ~Aµ +
1

g
∂µ~ε(x). (1.11)

By using the covariant derivative, the Dirac Lagrangian is transformed into:

L = iψ̄γµDµψ −mψ̄ψ = iψ̄γµ∂µψ −mψ̄ψ + gψ̄γµ
~τ

2
· ~Aµψ, (1.12)

where the last term in the new Lagrangian illustrates the interaction between fermions

and the new vector field. It is found that requiring the theory to be invariant under

local gauge transformations, introduces new vector fields called gauge fields in the

theory which couple to the fermions.

The gauge transformations can be classified in two classes: Abelian and non-

Abelian Lie groups. In the Abelian group, the interaction gauge fields only couple

to the fermions, while in the case of the non-Abelian group, the gauge fields interact

also with together. The QED and the QCD interactions are samples of the Abelian

and the non-Abelian groups, respectively.

Quantum Chromodynamics

The strong interaction is described in terms of the QCD theory. The free Dirac

Lagrangian for massless quarks is given by:
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L =
∑
f

q̄f iγ
µ∂µqf , (1.13)

where qT
f = (q1

f , q
2
f , q

3
f ) is the quark vector with flavor f.

For this interaction, the local phase transformation can be written as:

qf → eiε
a(x)λ

a

2 qf , (1.14)

where λa are the eight generators of the SU(3)C group, known as Gell-Mann matri-

ces. The Gell-Mann matrices are traceless and satisfy in the following commutation

relation: [
λa

2
,
λb

2

]
= ifabc

λc

2
, (1.15)

where the structure constants fabc are completely asymmetric. To obtain the local

gauge symmetry, covariant derivative and corresponding gauge transformation are

defined as:

Dµ = ∂µ + igs
λa

2
Ga
µ,

Ga
µ → Ga

µ −
1

gs
∂µε

a(x)− fabcεb(x)Gc
µ,

(1.16)

where gs is the strong coupling constant and Ga
µ are the eight associated gauge

boson fields. The gauge invariant kinematic term responsible for self-interaction

gluon fields is:

Lg = −1

4
Gµν
a G

a
µν , (1.17)

which, Gµν
a = ∂µGν

a − ∂νGµ
a − gsf

abcGµ
bGν

c . Adding the kinematic term of the gauge

fields to the massless Dirac Lagrangian, the total QCD Lagrangian is obtained as:

LQCD =
∑
f

q̄f iγ
µ∂µqf − gsGµ

a

∑
f

q̄αf γµ(
λa

2
)αβq

β
f

− 1

4
(∂µGν

a − ∂νGµ
a)(∂µG

a
ν − ∂νGa

µ)

+
gs
2
fabc(∂µGν

a − ∂νGµ
a)Gb

µG
c
ν −

g2
s

4
fabcfadeG

µ
bG

ν
cG

d
µG

e
ν .

(1.18)

The described Lagrangian density contains interactions between colored massless

quarks and gluons as well as gluon self interactions. The quarks mass term of the

SM Lagrangian can be added when the Yukawa interaction will be introduced in

section 1.3.2.
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Electroweak

As mentioned before, the gauge group corresponding to the electroweak is given as

the SU(2)L ⊗ U(1)Y. The group consists of the non-Abelian SU(2)L and the Abelian

U(1)Y symmetry, where the subscript L indicates a coupling only to left handed

spinors and Y refers to the defined hypercharge in equation 1.4. The electroweak

Lagrangian for free massless fermions is written as:

Lfermion =
∑
f

[ψ̄Liγ
µ∂µψL + ψ̄Riγ

µ∂µψR], (1.19)

where L and R represent left handed and right handed chirality projections, respec-

tively. Any local phase-space transformation for the electroweak unification can be

defined as:

ψL → ei(~α(x)·~τ
2

+YLβ(x))ψL,

ψR → eiYRβ(x)ψR,
(1.20)

where ~τ represents the Pauli matrices. The electric charge is related to hypercharge

and the third component of the isospin via equation 1.4. To make the Lagrangian

invariant, following covariant derivatives are defined:

DµψL(x) = (∂µ − i
g

2
~τ · ~Wµ − ig′YLBµ)ψL(x),

DµψR(x) = (∂µ − ig′YRBµ)ψR(x).
(1.21)

Here g and g′ are the corresponding coupling constants for the SU(2)L and the

U(1)Y gauge groups, respectively. Furthermore, three gauge fields Wa
µ and a field

Bµ associated to the defined gauge groups are introduced with the following trans-

formations:

Bµ(x)→ Bµ(x) +
1

g′
∂µβ(x),

~τ · ~Wµ(x)→ U(x)~τ · ~Wµ(x)U †(x) +
2i

g
U(x)∂µU

†(x),
(1.22)

where U(x) = ei~α(x)·~τ
2 . Similarly to the QCD theory, the gauge invariant kinematic

terms for the gauge bosons in the electroweak Lagrangian are given by:

Lgauge = −1

4
BµνBµν −

1

4
~W µν · ~Wµν , (1.23)

where

Bµν = ∂µBν − ∂νBµ, W a
µν = ∂µW

a
ν − ∂νW a

µ + gfabcW b
µW

c
ν . (1.24)
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Here, the structure constants fabc are obtained from commutation relation between

Pauli matrices. Finally the electroweak gauge invariant Lagrangian is written as:

L =
∑
f

[ψ̄Liγ
µDµψL + ψ̄Riγ

µDµψR]− 1

4
BµνBµν −

1

4
~W µν · ~Wµν . (1.25)

The four described gauge fields can be expressed by the linear combinations of the

charged W±
µ bosons, the neutral Zµ boson, and the massless photon Aµ fields. These

observed gauge fields are defined as:

W±
µ =

1√
2

(W 1
µ ∓W 2

µ),(
Aµ

Zµ

)
=

(
cos θW sin θW

− sin θW cos θW

)(
Bµ

W 3
µ

)
,

(1.26)

where in the above equation, θW is known as the Weinberg angle and defined as:

tan θ =
g′

g
. (1.27)

By substituting the observed gauge bosons in equation 1.25, two charged and neutral

current sectors for the electroweak interaction are obtained. The charged sector for

three families of quarks and leptons is written as:

LCC =
g

2
√

2
W †
µ(
∑
i

ūiγ
µ(1− γ5)di + ν̄liγ

µ(1− γ5)li) + h.c. (1.28)

Similarly, the neutral current sector of the electroweak interaction is given by:

LNC =
∑
i

ψ̄iγ
µ(
g

2
τ3 sin θW + g′yi cos θW )Aµψi

+
∑
i

ψ̄iγ
µ(
g

2
τ3 cos θW − g′yi sin θW )Zµψi + h.c.

(1.29)

By adding mass terms for the gauge bosons, the electroweak Lagrangian would

break the gauge invariance. Also the mass terms of fermions must be added to

the SM Lagrangian. Both of these issues can be solved by introducing spontaneous

symmetry breaking which is explained in the next section.

1.3.2 Higgs mechanism

The described electroweak interaction Lagrangian in the previous section contains

only massless gauge bosons and fermions. In order to give masses to gauge bosons

and fermions while preserving the gauge invariance, the electroweak symmetry has to

be broken spontaneously. The most promising candidate mechanism providing such
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a breakdown of the electroweak symmetry is the Brout-Englert-Higgs mechanism, in

which generates related masses through spontaneous symmetry breaking. Symmetry

breaking happens, if the Lagrangian has symmetries which do not validate for the

vacuum state of the system.

In the Higgs mechanism to break the electroweak gauge symmetry, a complex

isospin doublet scalar field φ, the Higgs field, is introduced:

φ =

(
φ+

φ0

)
=

(
φ1 + iφ2

φ3 + iφ4

)
, (1.30)

where φ+ and φ0 are positively charged and neutral complex scalar fields. While in-

troducing the doublet scalar field can break the symmetry of the vacuum expectation

state, the electroweak Lagrangian leaves invariant. The gauge invariant Lagrangian

term for the new scalar field can then be added to the SM Lagrangian:

Lφ = (Dµφ)†(Dµφ)− V (φ),

V (φ) = µ2φ†φ+ λ(φ†φ)2.
(1.31)

Here Dµ, µ2 and λ are the covariant derivative in the electroweak theory, a mass

parameter and the strength of the Higgs boson field self-interaction, respectively.

Two µ and λ parameters, determine the shape of the Higgs potential. The Higgs

potential function is minimized for the case of µ2 < 0 and λ > 0. With this selection,

there exists a non-vanishing vacuum expectation value which minimise the potential:

φφ† ≡ v2

2
= −µ

2

2λ
. (1.32)

The minimum value of the Higgs potential is obtained for infinite number of degen-

erate states shown as a continuous ring in Figure 1.5.

Figure 1.5: Graph of Higgs potential in the complex plane.

It is required that the Higgs Lagrangian is invariant under the reflection sym-
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metry, φ to −φ. The choice of particular minimum state does not affect on the

physics results while by choosing an arbitrary vacuum state, the electroweak sym-

metry is spontaneously broken in a way that the electromagnetic symmetry remains

as a symmetry of the vacuum. Therefore the photon remains massless while the

gauge bosons in the weak interaction become massive. To write down the Higgs

Lagrangian, it is convenient to work in the unitary gauge, where the only remained

degree of freedom in the equation 1.30 is the Higgs field, φ3. By fixing the vacuum

state, the defined scalar field φ can be written as a quantum fluctuation around

minimum v in the most general form:

φ =
1√
2

(
0

v +H(x)

)
, (1.33)

where H(x) denotes the Higgs boson field. By rewriting the Higgs sector, the scalar

potential becomes:

V (φ) =
1

2
(2λv2)H2(x) + λvH3(x) +

λ

4
H4(x). (1.34)

Therefore, the mass of the Higgs boson equals to mH =
√

2λv2. The kinematic term

using defined electroweak covariant derivative is also changed to:

1

2
∂µH(x)∂µH(x)+(v+H(x))2(

g2

8
W+
µ W

+µ+
g2

8
W−
µ W

−µ+
g2

8 cos2 θW
ZµZ

µ), (1.35)

which introduces mass terms for the W±
µ and the Zµ gauge bosons by fixing the

vacuum expectation value. The masses of these gauge bosons are:

MW = MZ cos θW =
gv

2
. (1.36)

In contrast to the mass of the gauge bosons, the fermion masses are not generated

by a gauge symmetry breaking. The mass terms of fermions are generated by the

Yukawa coupling of the fermions to the Higgs boson. The coupling strength of

interaction as a free parameter of the theory is proportional to the fermion mass.

The gauge invariant Yukawa terms to be added to the SM Lagrangian for the first

generation of leptons and quarks are defined as:

LY ukawa = −(
v +H(x)√

2
)(gν ν̄eνe + geēe+ guūu+ gdd̄d). (1.37)

where gf are the Yukawa coupling constants and the fermion masses are included

as Mf = gfv/
√

2. The introduction of the spontaneous symmetry breaking and the

Higgs mechanism, allows to have masses without violating any gauge symmetries.
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Although the Higgs mechanism has been formulated in the early 1960’s, the discovery

of the Higgs particle at the LHC was announced in July 2012 simultaneously by the

two experiments CMS and ATLAS. This new particle is compatible with the SM

Brout-Englert-Higgs boson with the mass of 125.9± 0.4 GeV [9, 10].

1.4 Top-quark Physics

The current understanding of the top quark physics such as top quark production,

decay, and properties are discussed in this section. The existence of a third genera-

tion of quarks was predicted in 1973 to explain CP violation in the Kaon decay [13].

The third generation up-type quark of the SM, the top quark, with spin 1/2 and

electric charge of +2/3e is the most massive known elementary particle. In 1995, the

CDF [18] and the D∅ [19] experiments at the Tevatron collider have discovered the

top quark via direct top quark pairs production in 1.8 TeV proton-antiproton colli-

sions. This fundamental particle has a mass of mtop = 173.34± 0.27(stat)± 0.71(syst) GeV

[20].

The top quark is the only quark decaying via the weak interaction before forming

a bound state as a hadron. Therefore, there is a unique opportunity to access

the top quark as a bare one, and study precise measurements on it’s properties.

Measurements on the top quark properties can be open a window to test the validity

of beyond the SM. In the SM, the top quark interacts through the strong and the

electroweak interactions. Due to it’s large mass, the top quark plays a special role

in the electroweak symmetry breaking.

After discovery of the top quark, some different aspects of that have been studied

in details. Since 2010, the CMS and the ATLAS experiments have made precise

measurements on the top quark properties. Top quark production processes with

focus on the pair production will be discussed in the next section. Decay mode of

the top quark pairs with different final states are detailed in section 1.4.2.

1.4.1 Top quark production

Since the top quark discovery, it has been produced by the hadron colliders such

as the Tevatron and the LHC. There are two main processes for the top quark

production, top quark pair production via the strong interaction and single top

quark production via the electroweak interaction. To produce a real top quark pair,

the energy of system must be at least twice the mass of the top quark. At the LHC

with the center-of-mass energy of 8 TeV, the parton energy fractions correspond to

x1x2 ≥ 0.042. Because of large value of gluon density at the scale of x, the gluon-

gluon fusion is the dominant mechanism for the top quark pair production. Given
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Figure 1.6: Leading-order Feynman diagrams for top-quark pair production in
p-p collisions via gluon-gluon fusion (a-c) and quark-antiquark annihilation (d).

the high energy ranges available at the LHC, the gluon-gluon fusion is expected to

account about 90% of the tt̄ events.

The tt̄ production is also possible through photon or Z boson exchange but

they are negligible in comparison with the other processes. The leading-order Feyn-

man diagrams for the top quark pairs production via gluon-gluon fusion and quark-

antiquark annihilation are shown in Figure 1.6.

As discussed before, the top quarks can also be produced as single top quarks.

The single top quark production has been first observed by the CDF [21] and the

D∅ [22] collaborations. The Feynman diagrams for the three different configurations

of the single top quark production: t-channel, s-channel and associated production

with on-shell W boson are given in Figure 1.7.

At a high energy hadron collider, collisions can be classified into soft and hard

interactions. At sufficiently high energies, proton-proton collisions can be regarded

as interactions between free proton constituents, called partons. In this limit, these

hard interactions are described by the perturbation theory [23, 24]. The total tt̄

cross section, σ(pp→ tt̄), is approximated by summing over all possible partonic

interactions for given subprocess cross sections, σ̂(ij→ tt̄), with related PDFs:

σpp→tt̄(p1p2) =
∑
i,j

∫
dxidxjfi(xi, µ

2
F )fj(xj, µ

2
F )σ̂i,j(p1, p2, αs(µ

2
R)), (1.38)
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Figure 1.7: Single top quark production Feynman diagrams: t-channel (top
left), s-channel (bottom left) and associate production with on-shell W boson
(right).

where i and j are the possible combinations of incoming gluons or quark anti-quark

pairs, and integration over the parton momenta xi = pi/p1 and xj = pj/p2. The

probability for a parton to carry momentum fraction xi with factorization scale µF is

described by the parton density function (PDF), fi, which is determined empirically.

To avoid the ultraviolet divergences appearing in loop diagrams, the theory has to

be renormalised at a certain energy scale. The factorization and renormalization

scales, µF and µR, are an arbitrary parameters which often set to the top quark

mass.

The theoretical calculations of the tt̄ cross section with the highest accuracy at

the next-to-next leading-order (NNLO) are described in [25]. Figure 1.8 summarizes

recent tt̄ cross section measurements from the CMS and the ATLAS collaborations

as a function of the center-of-mass energy, compared to the latest theoretical pre-

dictions. The comparison with the predicted values shows that the measurements

are in good agreement with the SM expectation.

1.4.2 Top quark decay modes

As discussed before, top quarks can decay to down-type quarks via the weak inter-

action before hadronization. Since the CKM matrix element |Vtb| is close to one,

the top quark decays almost exclusively into a W boson and a b-quark. Due to the

small CKM matrix element values for other down-type quarks, the related decay

processes are suppressed.

It is convenient to classify final states of the tt̄ events based on the decay prod-

ucts of the W bosons. Figure 1.9 shows the Feynman diagrams for the top quark

decaying into a b quark and a W+ boson, and subsequently decaying the W boson
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Figure 1.8: The summary of the top pair production cross section measurements
for the CMS and ATLAS experiments at 8 TeV, compared to the corresponding
theoretical expectation.

either into lepton-neutrino or quark-antiquark pairs.

t
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b
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(b)

+W

q

q'

(c)

Figure 1.9: Decays of top quark into a b quark and a W+ boson (a). The W+

boson decays into a charged lepton and the corresponding neutrino (b) or into a
quark-antiquark pair (c).

Considering the mass of the W boson and neglecting flavour mixing, there is

two hadronic and three leptonic possibilities for the final state. Depending on the

decay modes of the W bosons, decaying of the top quark pairs can then be classified

into three different channels:

• The all-hadronic final state, in which both W bosons decay hadronically. This

decay mode has the largest branching ratio, 45.5% of the total, but because

of the QCD multi-jet processes, it suffers from a large background. Therefore
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making it difficult to distinguish signal events from the SM QCD multi-jet

backgrounds.

• The lepton+jets final state, in which one W boson decays leptonically and the

other one decays hadronically. This channel has a relatively large branching

ratio, about 43.8% of the total tt̄ events. The lepton+jets channel suffers

from a larger background rate than that of the dilepton channel but it has

a comparative small background contamination relative to all-hadronic final

state.

• The dileptonic final state, in which both W bosons decay leptonically. Conven-

tionally, the presence of the electrons or the muons at the dilepton final states,

e+e−, µ+µ− and e±µ∓ are known as di-electron, di-muon and electron-muon

channels, respectively. The dileptonic decay mode has the smallest branching

ratio among all other decay channels, nearly 10.5%. Due to presence two high

transverse momentum leptons and large missing transverse energy at the final

state, the dilepton channel has the advantage of the cleanest signature. Since

there are two undetectable neutrinos which contribute to the missing trans-

verse energy, the reconstruction of the dileptonic channel is more complex than

the other described decay modes.

The relative contributions of these different tt̄ decay modes are shown in Figure

1.10. The analysis described in this thesis was carried out in the di-electron channel

so that only electrons, including those from τ decay, are taken into account as signal

events. The signature of the tt̄ di-electron events in the detector is characterized by

two highest pT oppositely charged electrons, large missing transverse energy Emiss
T

from two undetected neutrinos and two jets coming from b-quarks.

1.5 W boson polarization in top-quark decay

As described before, the W boson is the mediator of the charged-current weak in-

teraction. The vertex factor for this part of the weak interaction has a following

form:

i
g√
2
γµ

1

2
(1− γ5). (1.39)

This factor is known as a vector (ψ̄γµψ) minus axial-vector (ψ̄γµγ5ψ) which is often

called V-A structure. The term 1
2
(1− γ5) is introduced as the left handed projection

operator, when operates on four-components spinors, remains only left handed part

of them. This means that the W boson in the weak charged-current vertex, only

couples to left handed particles or right handed antiparticles.
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Figure 1.10: The relative contributions of different tt̄ decay modes. The sizes
of the different areas reflect the branching ratios of the different decay channels.

(a) (b) (c)

Figure 1.11: Different helicity configurations of (a) a left handed, (b) a longi-
tudinally and (c) a right handed polarized W boson into a charged lepton and a
neutrino in the W boson rest frame. The direction of motion of the W boson in
the top-quark rest frame mentioned with the dotted black arrow in this figure.

The W boson polarization measurement in the top quark decay is important

from the point that it could reveal new physics beyond the SM. We can write down

the mathematical representation of the top quark decay similar to the described W

boson decay vertex form. Neglecting the b-quark mass in comparison to the top-

quark and the W boson masses, the b-quark can only be left handed in the tWb

vertex. The helicity configurations of the W boson decay in the top quark rest frame

are shown in Figure 1.11.

The direction of z-axis is adjusted so that the spin-1
2

of the top quark is aligned

in the positive side. The spin projections on the direction of motion (helicity) for

the massive W bosons can be -1, 0, +1, called as left handed, longitudinal and right

handed helicity states, respectively. Since the W boson only couples to the left

handed b-quark, angular momentum conservation suppresses presence of the right

handed W boson helicity state.
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SM gives specific prediction about helicity fractions of the W boson, where

a measurement of non-zero value for the right handed helicity fraction would be

evidence of new physics beyond the SM. The goal of this analysis is to make precise

measurements on the W boson helicity fractions in order to determine if there is

evidence of new physics in the tWb vertex.

The corresponding helicity fractions are defined as a ratio of the relative top

quark decay width for specific helicity state to the total width:

FL,0,R =
ΓL,0,R(t→ W+b)

ΓL(t→ W+
L b) + Γ0(t→ W+

0 b) + ΓR(t→ W+
R b)

. (1.40)

To determine quantitative expression of the top quark decay width to the various

W boson helicity states, following calculations are done. The Lorentz invariant

amplitude of the top quark decay can be written in terms of elements shown in

Figure 1.12 as:

t

+W

b

p

k

q

Figure 1.12: Feynman diagram for the top quark decay t→W+b.

iM =
ig√

2
b̄(q)γµ(

1− γ5

2
)t(p)ε∗µ(k). (1.41)

After squaring the amplitude and averaging over the top, bottom and W boson

polarization states, we find:

〈
|M|2

〉
=

1

2

1

3

∑
quark spins

∑
W polarizations

|M|2

= g2[pµqν + pνqµ − gµνp · q − iεµναβpαqβ]× 1

3

∑
Wpolarizations

ε∗µ(k)εν(k).

(1.42)

The details to extract equation 1.42 can be found in appendix A. The W boson

polarization vector with different helicity configurations and the four-momentum

vector of particles in the top quark rest frame can be written as:
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εµL = (0,
1√
2
,− i√

2
, 0),

εµ0 = (
p

mW

, 0, 0,−EW
mW

),

εµR = (0,− 1√
2
,− i√

2
, 0).

(1.43)

pµ = (mt, 0, 0, 0),

qµ = (Eb, 0, 0, pb),

kµ = (EW , 0, 0,−pW ),

(1.44)

where in this case, pW = pb ≡ p. Inserting this expressions into equation 1.41, we

find the contribution of different helicity configurations separately as:

Left handed W boson:
〈
|M|2

〉
L

=
g2

3
mt(Eb + p),

Longitudinal W boson:
〈
|M|2

〉
0

=
g2

3
(2m2

t

p2

m2
W

+mtEb),

Right handed W boson:
〈
|M|2

〉
R

=
g2

3
mt(Eb − p).

(1.45)

Since all three polarization states have the same phase space factor, equation 1.40

can be written as the ratio of the relative spin-averaged square of the matrix element

to the total one:

FL,0,R =

〈
|M|2

〉
L,0,R〈

|M|2
〉
L

+
〈
|M|2

〉
0

+
〈
|M|2

〉
R

. (1.46)

By substituting equations 1.45 into above expression, the W boson helicity fractions

are extracted as:

FL =
1 + p

Eb

1 + 2(EW
mW

)2(1 + p2

EbEW
)
,

F0 =
1 + 2( mt

mW
)2 p2

mtEb

1 + 2(EW
mW

)2(1 + p2

EbEW
)
,

FL =
1− p

Eb

1 + 2(EW
mW

)2(1 + p2

EbEW
)
.

(1.47)

In the rest frame of the top quark, the quantities of Eb and EW can be expressed in

terms of the top quark, the W boson and the b-quark masses as:

Eb =
m2
t +m2

b −m2
W

2mt

,

EW =
m2
t +m2

W −m2
b

2mt

.

(1.48)
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Finally, by using above formula and massless b-quark assumption, we can write the

W boson helicity fractions at the tree level of the SM as:

FL =
2x2

1 + 2x2
,

F0 =
1

1 + 2x2
,

FR = 0,

(1.49)

where x is defined as x = mW/mt. It can be concluded that in the limit of a vanishing

b-quark mass, right handed b-quarks are forbidden at the leading order. Taking into

account also the b-quark mass, the helicity fractions can be expressed in leading

order as [26]:

FL =
x2(1− x2 + y2 +

√
λ)

(1− y2)2 + x2(1− 2x2 + y2)
=

2x2

1 + 2x2
+ ...,

F0 =
(1− y2)2 − x2(1 + y2)

(1− y2)2 + x2(1− 2x2 + y2)
=

1

1 + 2x2
+ ...,

FR =
x2(1− x2 + y2 −

√
λ)

(1− y2)2 + x2(1− 2x2 + y2)
= y2 2x2

(1− x2)2(1 + 2x2)
+ · · · ,

(1.50)

where y and λ are defined as y = mb/mt and λ = 1 + x4 + y4 − 2x2y2 − 2x2 − 2y2.

The right handed component of the W boson is suppressed by the factor of m2
b/m

2
t .

Using the current measurements of mt = 173.34(0.76) GeV/c2 [20], mW = 80.401(43) GeV/c2

[5] and mb = 4.65(3) GeV/c2 [5], the helicity fractions in the leading order equal to:

FL = 0.301, F0 = 0.699 and FR = 0.0004.

In order to draw any conclusions on new physics models, these fractions have

to be calculated at higher order with large precision. By including the NNLO QCD

and electroweak corrections, the W boson helicity fractions are changed slightly to

[27]:

FL = 0.311(5),

F0 = 0.687(5),

FR = 0.0017(1).

(1.51)

1.5.1 Anomalous couplings in tWb vertex

At higher energies, new physics beyond the SM can contribute to the tWb vertex

by including radiative corrections [28]. Above the electroweak symmetry breaking

scale, these corrections can be implemented into the Lagrangian in terms of effective

operators [29]. The effective Lagrangian describing physics processes at the high
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energy scales is written as:

Leff = LSM +
∑ C

(6)
x

Λ2
O(6)
x + ..., (1.52)

where O
(6)
x are the operators of dimension six are constrained to be invariant un-

der the SM gauge transformations. The dimensionless coefficients constant, C
(6)
x ,

represent the impact of operators in the effective Lagrangian. At very high energy

scale Λ, high-order operators are suppressed and they are not considered here. The

gauge invariant operator of dimension five contributes at very high energy scales

(Λ = 1015 GeV), responsible for generating Majorana masses for neutrinos [30], not

relevant in this study.

The most general Lagrangian for the tWb interaction containing terms up to

dimension six can be expressed as:

Leff = − g√
2
b̄γµ(VLPL+VRPR)tW−

µ −
g√
2
b̄
iσµνqν
MW

(gLPL+gRPR)tW−
µ +h.c., (1.53)

where qν = pt
ν − pb

ν , PL = 1
2
(1− γ5), PR = 1

2
(1 + γ5) and iσµν = 1

2
[γµ, γν ]. The La-

grangian contains two vector couplings VL and VR as well as two tensor couplings gL

and gR, representing decays from a top quark to a bottom quark with different chi-

ralities. In the SM, the VL parameter is the CKM matrix element Vtb ' 1 whereas

the other couplings are vanished at tree level. In case if there is any new physics,

a deviation of effective Lagrangian from the SM values will be seen. The four cou-

plings can be measured indirectly from experimental measurements of radiative B

meson decays (b→ sγ) and BB̄ mixing [31].

In order to extract the W boson helicity fractions, similar method discussed in

section 1.5 has been applied and the following values are obtained. The details of

partial widths calculations for the effective tWb vertex can be found in [32].
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Γ0 =
g2|q|
32π

(
m2
t

M2
W

[|VL|2 + |VR|2](1− x2
W − 2x2

b − x2
Wx

2
b + x4

b)− 4xbRe(VLV
∗
R)

+ [|gL|2 + |gR|2](1− x2
W + x2

b)− 2
mt

MW

Re[VLg
∗
R + VRg

∗
L](1− x2

W − x2
b)

− 4xbRe(gLg
∗
R) + 2

mt

MW

xbRe[VLg
∗
L + VRg

∗
R](1 + x2

W − x2
b)),

ΓR,L =
g2|q|
32π

(
m2
t

M2
W

[|gL|2 + |gR|2](1− x2
W − 2x2

b − x2
Wx

2
b + x4

b)− 4xbRe(gLg
∗
R)

+ [|VL|2 + |VR|2](1− x2
W + x2

b)− 2
mt

MW

Re[VLg
∗
R + VRg

∗
L](1− x2

W − x2
b)

− 4xbRe(VLV
∗
R) + 2

mt

MW

xbRe[VLg
∗
L + VRg

∗
R](1 + x2

W − x2
b))

± g2

64π

m3
t

M2
W

(−x2
W [|VL|2 − |VR|2] + (1− x2

b)[|gL|2 − |gR|2]

+ 2xWRe[VLg
∗
R − VRg∗L] + 2xWxbRe[VLg

∗
L − VRg∗R])

× (1− 2x2
W − 2x2

b + x4
W − 2x2

Wx
2
b + x4

b),

(1.54)

where xW = mW/mt, xb = mb/mt and,

|−→q | = 1

2mt

(m4
t +M4

W +m4
b − 2m2

tM
2
W − 2m2

tm
2
b − 2m2

bM
2
W )1/2. (1.55)

The total top width is calculated by summing over partial widths:

Γ =
g2|q|
32π

m2
t

M2
W

([|VL|2 + |VR|2](1 + x2
W − 2x2

b − 2x4
W + x2

Wx
2
b + x4

b)− 12x2
WxbRe(VLV

∗
R)

+ 2[|gL|2 + |gR|2](1− x2
W

2
− 2x2

b −
x4
W

2
− x2

Wx
2
b

2
+ x4

b)− 12x2
WxbRe(gLg

∗
R)

− 6xWRe[VLg
∗
R + VRg

∗
L](1− x2

W − x2
b) + 6xWxbRe[VLg

∗
L + VRg

∗
R](1 + x2

W − x2
b)).

(1.56)

The resulting helicity fractions of the W boson can then be calculated using equa-

tion 1.40. By substituting the values of gL, gR and VR to zero and at the limit

where mb → 0, the SM results shown in previous section are obtained exactly. In

order to search new physics beyond the SM in a model-independent way, several

measurements on the W boson helicity fractions were performed which described in

the next section.
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1.5.2 Measurement of W boson polarization

The W boson polarization can be measured experimentally by studying the angular

distribution of the W boson decay products in it’s rest frame. Considering the

decay mode of the top quark, t→W+b→ l+νlb, polar angle θ∗l is defined as the

angle between the charged lepton three-momentum in the rest frame of the W boson

and the W boson direction in the top quark rest frame. The decay of differently

polarized W bosons in the top quark rest frame with the defined decay angle have

been illustrated in Figure 1.11.

As described before, since neutrinos are nearly massless, the W bosons always

couple to the left handed neutrinos. Charged leptons from the left handed W boson

decays are likely to lie in the direction of the b quark, leading to cos θ∗l near to -1,

while the charged leptons coming from the right handed W bosons fly mostly in the

opposite direction, leading to cos θ∗l ≈ 1. From the longitudinally polarized W boson

decays, most of times, charged leptons are emitted perpendicular to the direction

of the b-quark. By ignoring some common factors, the helicity amplitudes for the

process t→W+b→ l+νlb can be written as [33]:

ML ∝ −e−iφ
∗
l (

1− cos θ∗l
2

),

M0 ∝ −
sin θ∗l√

2
,

MR ∝ −eiφ
∗
l (

1 + cos θ∗l
2

),

(1.57)

where φ∗l is defined as the azimuthal angle of the charged lepton in the rest frame

of the W boson.

The most general form of the differential decay width as a function of both the

polar (θ∗l ) and the azimuthal (φ∗l ) angles of the charged leptons is given by [34]:

1

Γ

dΓ

d cos θ∗l d φ
∗
l

=
3

16π
[(1 + cos2 θ∗l ) + A0

1

2
(1− 3cos2 θ∗l ) + A1sin2θ∗l cosφ∗l

+ A2
1

2
sin2θ∗l cos2φ∗l + A3sinθ∗l cosφ∗l + A4cosθ∗l + A5sinθ∗l sinφ

∗
l

+ A6sin2θ∗l sinφ
∗
l + A7sin2θ∗l sin2φ∗l ],

(1.58)

where the Ai (i = 0, 1, ..., 7) coefficients depend on the charge, the transverse momen-

tum, and the rapidity of the W boson. Coefficients A5,A6, and A7 vanished because

of asymmetry under time-reversal and parity operator. By integrating equation 1.58

over the azimuthal angle, we obtain:



CHAPTER 1. INTRODUCTION 27

1

Γ

dΓ

d cos θ∗l
=

3

8
[(1 + cos2 θ∗l ) + A0

1

2
(1− 3cos2 θ∗l ) + A4cos θ∗l ]. (1.59)

By considering cos θ∗l dependency for different helicity amplitudes in equation 1.57,

one obtains the following parametrization of the W boson cross section:

1

Γ

dΓ

d cosθ∗l
=

3

8
FL(1− cosθ∗l )2 +

3

4
F0(1− cos2θ∗l ) +

3

8
FR(1 + cosθ∗l )

2, (1.60)

where, as defined before, the three parameters FL,F0, and FR determine the values

of the left handed, the longitudinal, and the right handed helicity fractions, respec-

tively. An integration over cos θ∗l leads to the expected constraint FL + F0 + FR = 1.

By comparing the two equations 1.59 and 1.60, the defined helicity fractions in terms

of the coefficients, Ai are given as:

FL =
1

4
(2− A0 − A4), F0 =

1

2
A0, FR =

1

4
(2− A0 + A4). (1.61)

Figure 1.13 shows the angular distribution of the charged leptons for different W

boson helicity configurations which implies a good separation power between the

three helicity states.

Figure 1.13: The differential cos θ∗l distributions for each W boson polarization
state as well as the SM prediction.

Experimental results of W boson polarization

Several measurements on the W boson helicity fractions in the top-quark decays have

been performed by the CDF, the D∅, the ATLAS, and the CMS experiments. The

table 1.1 compares the most recently published results of different experiments as
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well as our measurement. It can be concluded that all measurements are compatible

with each other, and also compatible with the expectations from the SM [27].

Table 1.1: Summary of recent W boson helicity measurements of different ex-
periments.

Experiments
√

s [TeV]
∫
Ldt[fb−1] Channel Nominal ± stat. ± syst. Ref.

CDF 1.96 5.1 dilepton
F0 = 0.7+0.18

−0.17 ± 0.06
FR = −0.09± 0.09± 0.03

[35]

CDF 1.96 8.7 l+jets
F0 = 0.73± 0.07± 0.07

FR = −0.05± 0.04± 0.06
[36]

D∅ comb. 1.96 5.4
l+jets

dilepton
F0 = 0.67± 0.08± 0.07
FR = 0.02± 0.04± 0.03

[37]

Tevatron comb. 1.96 2.7-5.4
l+jets

dilepton
F0 = 0.72± 0.06± 0.05

FR = −0.03± 0.03± 0.03
[38]

ATLAS comb. 7 1.04
l+jets

dilepton

FL = 0.32± 0.02± 0.03
F0 = 0.67± 0.03± 0.06
FR = 0.01± 0.01± 0.04

[39]

CMS 7 5.0 l+jets
FL = 0.31± 0.02± 0.02
F0 = 0.68± 0.03± 0.03
FR = 0.01± 0.01± 0.01

[40]

CMS 8 19.6 l+jets
FL = 0.35± 0.01± 0.02
F0 = 0.66± 0.02± 0.02

FR = −0.01± 0.01± 0.02
[41]

CMS 8 19.7 single top
FL = 0.30± 0.03± 0.03
F0 = 0.72± 0.04± 0.04

FR = −0.02± 0.02± 0.01
[42]

CMS 8 19.7 dilepton
FL = 0.33± 0.01± 0.03
F0 = 0.65± 0.02± 0.02
FR = 0.02± 0.01± 0.03

[43]
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Experimental apparatus

In order to check the SM validity as well as to search for possible beyond the SM

phenomena, high energy particle colliders were employed. The main task of a particle

collider is to accelerate two charged particle beams, collide them and provide enough

energy to produce final states with new particles. To study physical processes on

the final state particles, an appropriate particle detectors could be served around

the interaction point. One of large and energetic colliders in the world is the Large

Hadron Collider (LHC) [44] which provides scientists with tools to verify the SM.

The present work in this thesis is based on proton-proton collisions data pro-

duced by the LHC at a center-of-mass energy
√

S = 8 TeV, which recorded by the

Compact Muon Solenoid (CMS) detector [45, 46] during the 2012. In the first part

of this chapter, description of the LHC machine as well as all installed detectors will

be briefly discussed. In the section 2.2, the CMS experiment will be described in

more details and it’s main components will be outlined.

2.1 The Large Hadron Collider

The LHC machine is currently the most powerful circular hadron accelerator in the

world. It is located at the European Organization for Nuclear Research (CERN)

near Geneva in the border region of France and Switzerland. The LHC was con-

structed in the 27 km tunnel previously occupied by the Large Electron Positron

(LEP) accelerator which has been operating until it’s decommissioning in 2000. It

has been designed to accelerate two circular, opposite way beams of protons up to

center-of-mass energy of
√

s = 14 TeV. In addition, the LHC offers the possibility

to study heavy ion collisions by accelerating lead ions at the center-of-mass energy

of
√

s = 5.5 TeV.

The most important parameter of the LHC besides the centre-of-mass energy is

the number of proton-proton collisions produced per second. In a typical particle

collider, the rate of events for any process is given by:

29
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N = σL, (2.1)

where σ is the cross section for the studied process which represents the probability

for a certain process to happen. In the above formula, L is the instantaneous lu-

minosity derived entirely from machine parameters and depends only on the beam

parameters. The instantaneous luminosity L for two colliding bunches a and b

consisting of Na and Nb particles can be written as:

L =
nbNaNbfrevγrel

4πεnormβ∗
F. (2.2)

In this equation, nb is the total number of bunches, frev and γrel = EP/mP are the

revolution frequency of the bunches within the orbit and the Lorentz factor, respec-

tively. β∗ and εnorm denote the beta function and the normalised beam emittance

which describe the beam focusing at the interaction point. The geometric luminosity

reduction factor F accounts for the crossing angle, θc, between the two beams:

F = 1 +
σzθc
2σ∗

. (2.3)

By considering two symmetric beams, σ∗ is the transverse quadratic mean beam

size in x and y directions. To derive the above equation, the longitudinal quadratic

mean beam size in z direction, σz, is assumed to be much smaller than β∗.

Since the number of protons in the beam decreases during a run, the instanta-

neous luminosity is varied time function. The integrated luminosity, Lint =
∫

Ldt

is a common parameter to measure the recorded dataset size over a specific time

period.

The LHC machine is started to produce proton-proton collisions at the end of

2009. In the first two years of the LHC operation, collisions have been recorded at a

center-of-mass energy of
√

s = 7 TeV which was half of the design value. During this

time, the instantaneous luminosity increased continuously reached to 3.5× 1033cm−2s−1

at the end of 2011. The protons beam energy was raised during 2012 to 4 TeV per

beam corresponding to
√

s = 8 TeV center-of-mass energy. The progress of the ac-

celerator in terms of integrated luminosity is shown in Figure 2.1. Currently the

LHC is starting a new data tacking run at a center-of-mass energy of
√

s = 13 TeV

with a maximum luminosity of 1034cm−2s−1.

Before the proton beams are ready to be injected into the LHC machine, they

first need to have an initial energy of 450 GeV by using a number of smaller particle

accelerators. The brief description of a proton accelerated processes through the

accelerator complex of CERN is illustrated in Figure 2.2.

These pre-acceleration devices increase the proton energy gradually and make
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Figure 2.1: LHC integrated luminosity delivered to CMS during 2010-2012 as
a function of time, shown separately for the 2010 (green), the 2011 (red) and the
2012 (blue) data-taking periods [47].

Figure 2.2: Sketch of the CERN Accelerator Complex.
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the spacing between two bunches 25 ns. Protons are obtained by removing electrons

from hydrogen atoms. The protons are passed to the first accelerator in the chain,

LINAC2 linear accelerator, where they are accelerated to 50 MeV in energy. From

there they are passed to the Proton Synchrotron Booster (PSB) to be accelerated to

1.4 GeV and then are injected into the Proton Synchrotron (PS), bunched and accel-

erated to 25 GeV. After that, protons are passed to the Super Proton Synchrotron

(SPS) which increases the energy to 450 GeV, and then injected to the LHC. Finally,

the beam splits up into two beams and are injected in opposite directions into the

LHC via the TI2 and TI8 transfer lines as shown in Figure 2.2.

These two beams are not continuous, but consist of bunches of protons at an

interval of 25 ns, accumulating to as many as 2808 per beam. Upon completion

of the fill, the bunched beams are focused and collided at the different interaction

points where detectors are positioned. In order to keep the protons in the LHC

beam pipes, high dipole magnets with a field strength of 3.8 T are used. To achieve

such a high magnetic field, the LHC uses superconducting magnets operating at a

temperature of 1.9 K. Additionally, around each of the four interaction points, a few

quadrupole and sextupole magnets for collimating, focusing and orbital corrections

of the beams are installed.

Along the four interaction regions, six large experiments were installed. They

are dedicated to perform the precise measurement of the particle collision events

delivered by the LHC. Two very big general purpose experiments installed at high

luminosity points are the ATLAS (A Toroidal LHC ApparatuS) [48] and the CMS

[49]. They are designed to be usable for the search of new phenomena beyond the SM

as well as high-precision measurement of physics processes such as the top quark.

More information about the CMS detector will be discussed in section 2.2. Two

smaller experiments, ALICE (A Large Ion Collider Experiment) [50] and LHCb

(Large Hadron Collider beauty) [51] are specialized in different phenomena. The

ALICE detector is specialised to study heavy-ion physics with investigation of the

quark-gluon plasma. Only one month per year is devoted for data taking of this

detector, when the LHC is operated with lead ions instead of protons. The LHCb

detector focuses on physics with hadrons originating from the bottom quarks. One

of the main physics objectives of this experiment is to find out matter-antimatter

assymetry puzzel in physics.

In addition to these four main experiments, there are also two small experimen-

tal facilities located few hundreds of meters away from the ATLAS and the CMS

interaction points. The LHCf (LHC-forward) [52] experiment uses forward particles

created inside the LHC as a source to simulate cosmic rays in laboratory conditions.

The TOTEM (TOTal Elastic and diffractive cross section Measurement) [53] de-

tector studies the total proton-proton cross section and elastic proton scattering at
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very low angles with respect to the colliding beams.

2.2 The Compact Muon Solenoid experiment

One of two general purpose detectors at the LHC, the CMS experiment, is designed

to perform a large variety of measurements. The main task is to investigate wide

physics programs through identifying different kinds of particles by measuring their

properties like energy, momentum and charge. The data taken by this experiment

is used to perform precise measurements of the SM parameters as well as to search

for evidence of new physics beyond the SM.

The CMS detector is placed 100 m underground at an interaction point of the

LHC ring. The CMS experiment is arranged in onion-like structure with different

layers of materials and detection equipments. It has a cylindrical symmetry shape

around the direction of the beam axis, with an overall length of 22 m, 15 m in

diameter, and a total weight of 12500 tons. The overall geometry consists out of a

central barrel part which closed by two endcaps parts, as shown in Figure 2.3.

Figure 2.3: Perspective view of the subdetectors of the CMS-detector.

In the CMS design, subdetectors are arranged such that a good coverage of the

solid angle is achieved. Although the CMS detector is significantly smaller than the

very large ATLAS detector, but the weight is nearly doubled. The larger weight

is mostly due to the iron return yoke which is constructed around the very large

superconducting solenoid magnet. The main feature of the CMS detector is the

superconducting solenoid, which allows to bend the high energetic particles in a

compact design by providing a strong magnetic field.
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Figure 2.4: A schematic overview of a slice of the CMS detector with the
components in the transverse plane.

At the center of the CMS and closest to the beam axis and the nominal in-

teraction point, a silicon-based tracking detector is installed. The inner tracking

system consists of an inner pixel and silicon-strip detectors allows to reconstruct

charged particle trajectories as well as to measure their momentum in the magnetic

field. More details about the CMS tracking system can be found in section 2.2.2.

The tracking detector is surrounded by the electromagnetic and hadronic calorime-

ters. The energy of electrons and photons are measured by the electromagnetic

calorimeter (ECAL) by absorbing these particles. Similarly, the hadronic calorime-

ter (HCAL) is designed to measure the energy of hadrons. More information about

the calorimeter systems are given in sections 2.2.3 and 2.2.4. The tracking and

calorimeter systems are located inside a superconducting solenoid generates a mag-

netic field of 3.8 T used to bends the charged particle tracks. In the outermost layer

of detector, several muon chambers are installed to measure momentum and energy

of the muons with high resolution, traversing all detector layers. In section 2.2.6,

the CMS Muon system with more details are described.

The interaction of various particles with the different subdetectors is shown in

Figure 2.4. The photon is a neutral particle and hence does not leave any track in

the tracking system. Since the photon interacts through the electromagnetic force

with the detector material, it can be detected by the ECAL subdetector. An electron

particle interacts with the inner tracker part, leaving a track due to ionisation and

deposits all of it’s energy on the ECAL through electromagnetic interaction. The

proton as a charged hadron, leaves track on the inner tracker, passes from the ECAL

and interacts with the HCAL subdetector. The neutral hadrons such as neutrons

pass from the tracker and the ECAL detectors without any response, while loose

their energy in the HCAL system. Muons are much more penetrating than electrons
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because of their lower charge to mass ratio. Then, they travel across the whole

detector without significant energy loss. A muon leaves a track in the tracker and

the muon chambers and it deposits small fraction of its energy on the ECAL and

the HCAL. Neutrinos have no charge so leave no detectable tracks in the tracking

system. Duo to very low interaction cross section with ordinary matter, they escape

direct detection. The neutrino energies are obtained by summing the energies of the

other observed particles as the amount of missing energy in the detector.

In the following sections, after introducing the CMC coordinate system, different

CMS subdetectors will be presented going from the centre to the outside. A more

detailed information about the CMS subdetectors can be found in Ref [49].

2.2.1 The CMS coordinate system

To describe event reconstruction in the detector, it is useful to introduce a coor-

dinate system centred at the nominal proton-proton interaction point. The x-axis

is horizontal points towards to the center of the LHC ring, while the y-axis points

vertically upward. The z-axis is set along the anticlockwise beamline in such a way

that the coordinate system is right-handed. To characterise the location of detector

material, and even particles, two angular quantities are defined with respect to the

coordinate axes. The azimuthal angle φ is defined as the angle between the object

direction and the x-axis in the transverse plane. Furthermore, the polar angle θ is

measured from the z-axis and usually expressed by the pseudorapidity η given by:

η ≡ −ln tan
θ

2
, (2.4)

which has the advantage that are invariant under Lorentz boosts along the beam

direction. Another useful quantity is the rapidity defined as:

y ≡ 1

2
ln
E + Pz
E − Pz

. (2.5)

This parameter is determined such as the particle flux per rapidity interval is con-

stant for hadron-hadron colliders. For massless particles or in the high energy limit,

where E ≈ |P|, the rapidity and the pseudorapidity are equal.

2.2.2 Tracking system

The central part of the CMS detector is the silicon tracker [54, 55]. It is one of the

most important subdetector of the CMS which uses semi-conducting silicon as active

material. The tracker is designed to provide a precise measurement of the charged

particles trajectories emerging from LHC collisions. It is also used to reconstruct

the primary vertex as a origin of charged particle tracks. A tracker has a cylindrical
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Figure 2.5: Schematic overview of the CMS tracking system. Each line repre-
sents a detector module. Double lines indicate back-to-back modules.

shape with a sensitive silicon area of about 210 m2, length of 5.8 m and diameter of

2.5 m. The CMS solenoid provides a homogeneous magnetic field of 3.8 T allowing

tracking system to accurately measures charged particle momenta. Due to presence

high track multiplicity in the tracker, the system needs to withstand the radiation

from this flux of particles for a long time period.

The structure of the tracker is based on a doped semiconductor which operated

in reverse-biasing voltage mode. As charged particles passing through the semicon-

ductor, due to ionisation they create electron-hole pairs resulting in an electronic

signals which are interpreted as hits. The trajectories of charged particles can be

reconstructed by using a large number of hits in different layers of tracking system.

In order to reduce the electronic noise from the silicon dark current, the whole track-

ing system is cooled down at a constant temperature of −200C. Due to increasing

intensity of particles flux with decreasing distance from the interaction point, the

tracking system can be divided into two subdetectors. Each part uses a different

technology with the required granularity and radiation hardness from the incident

flux of particles. A schematic overview of the tracking system is given in Figure 2.5.

The CMS tracking system consists of two main components: the silicon pixel

detector in the innermost region and silicon strip tracker in the outer region. The

whole structure of tracking system provide coverage up to |η| ≈ 2.5.

Silicon pixel detector

The pixel detector is the innermost part of the CMS detector. It is the most im-

portant detector for determining the impact parameter used for secondary vertex

reconstruction by giving very precise measurement of the particle locations. The

pixel detector consists of three barrel layers (BPIX) and four forward disks in the

endcap (FPIX) as shown in Figure 2.6.

Three cylindrical barrel layers are 53 cm long which are parallel to the beam
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Figure 2.6: Three dimensional sketch of the CMS pixel detector showing the
BPIX (green) and FPIX (red) modules.

axis and centred on the interaction point. They are installed respectively at a radius

of 4.4 cm, 7.3 cm and 10.2 cm and contain 48 million pixels with a total active area

equals to 0.78 m2. There are also two endcap disks at each side extending from 6

cm to 15 cm in radius and located at longitudinal distances of z = ±34.5 cm and

z = ±46.5 cm. The FPIX discs contain 18 million pixels and cover an active area of

0.28 m2. Each pixel cell of the detector has a size of 100µm× 150µm. The small

size of cells enables the pixel detector to achieve good level of tracking resolution

even in events with high track multiplicity. These set of pixel cells provide two-

dimensional measurements of the track with an average spatial resolution of 10µm

in the r− φ plane, and 15µm in the z direction. This high granularity is needed for

an efficient reconstruction of charged particle tracks with at least 3 tracking points

over the pseudorapidity range coverage of |η| < 2.5.

Silicon strip detector

Outside the pixel detector, the particle flux gets low enough to be able to use a

silicon strip detector rather than pixel cells. The advantage is a lower number of

readout channels as well as amount of material, power consumption and cost but

with a small loss of accuracy. This subdetector consists of 9.3 million silicon strips,

arranged in 15148 detector modules which is located at the radial region between

20 cm and 116 cm. The type of installed strip sensors are p-on-n, the formed strips
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by p+ implants in an n type silicon bulk. The silicon strip sensors are mounted on

modules, which also contain the read-out and control chips for the sensors. The strip

detector is subdivided into four subsystems: Tracker Inner Barrel (TIB), Tracker

Inner Disk (TID), Tracker Outer Barrel (TOB) and Tracker End Cap (TEC).

The TIB consists of four concentric cylindrical layers located at radii of 0.255,

0.339, 0.419 and 0.498 m from the beam axis. These layers with a length of 1.4 m are

parallel to the beamline extend from -0.7 m to +0.7 m in the z direction. The two

inner layers of the TIB use double sided modules, while the outer two layers contain

single sided modules. Since the amount of particles flux is decreased by increasing

distance from interaction point, the pitch strip of TIB layers are varied between

80µm and 120µm from inner to outer parts. The occupancy for these subdetector

is typically about 2 to 3% and spatial resolutions are 23µm to 34µm along r− φ
plane and 230µm in the z direction.

The TIB subdetector is complemented with three additional disks at each side

called the TID system. These endcap disks are located between 0.8 m and 0.9 m

from the interaction point along the z axis. Each disk is made of three rings of

modules, spanning a radius between 0.20 m and 0.5 m centred on the z axis. Similar

to the TIB, the inner two rings on each disk are made of double sided modules while

outer ring hosts single sided ones. The strips of TID modules have a pitch size of

80µm to 141µm for different rings and disks. The TIB and TID use strips with a

length of 10 cm and a sensor thickness of 320µm.

The TOB is located outside the TIB and composed of six cylindrical layers with

radii of 0.608, 0.692, 0.780, 0.868, 0.965 and 1.080 m. Each layer with a sensor

thickness of 500µm extends 1.18 m from the interaction point in both directions

along the z axis. The first two layers of the TOB contain double sided modules, while

single sided modules are used for the four outer ones. This leads to an occupancy

at the percent level with the the spatial resolution between 35µm and 52µm in the

r− φ plane and about 530µm along the z direction.

The TEC with nine disks at each side, encloses the rest of the tracker. These

disks are installed at a radius of 0.22 m to 1.14 m which extend from ±1.24 m to

±2.8 m along the z direction. Each disk contains up to 7 rings of modules, where all

the modules are placed in concentric rings with respect to the beam line. The inner

two rings and the fifth ring from the center made of double sided modules while the

rest of the TEC uses single sided ones. The four innermost rings of the TEC use

thinner sensors with a thickness of 320µm, while the ones in the three outer rings

are 500µm thick. For the TOB and the TEC, strips with a length of 25 cm and

the varied pitch sizes from 97µm to 184µm accordingly to the distance from the

interaction point are used. The main objective of the tracking system is the precise

reconstruction of the charged particle trajectories. Then it is used to identify and
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Figure 2.7: Layout of the CMS electromagnetic calorimeter.

to reconstruct primary vertices as well as other vertices originating from the decay

of long lived particles.

At the high luminosity phase of the LHC machine (HL-LHC), the tracking

system of the CMS will be exposed to harsher conditions than the current installed

system. Therefore, the new radiation hard sensors to cope with higher radiation

and occupancy levels are needed to be installed. The CMS tracker collaboration has

been performed a comparative survey of large silicon material and technologies to

identify the baseline material and design that fulfills all requirements of the future

tracker [56]. In this thesis, in addition to the data analysis topic, some studied

sensor R&D for the CMS outer tracker upgrade project have been done, presented

with details in next chapter and reference [56].

2.2.3 Electromagnetic calorimeter

The ECAL [57] is the next subdetector enclosing the tracking system which is lo-

cated inside the solenoid. The ECAL system is a nearly hermetic and homogeneous

calorimeter designed to measure the energy of electrons, positrons and photons. In

order to stop high energetic particles by producing a cascade of photons and electron-

positron pairs within the material, the very dense material has to be used. Since the

calorimeter consists of a scintillating material, the showering induces photons and

the number of emitted photons is a direct tool to measure the energy of the original

particle. The ECAL shown in Figure 2.7, is built out of lead tungstate crystals

(PbWO4) that are transparent and therefore operate as scintillator and absorber at

the same time.

Due to the relatively short radiation length (X0 = 0.89 cm) of these crystals,
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the ECAL can stop high energetic particles within short distance. These radiation

hardness crystals with fine granularity are capable of emitting 80% of the total

scintillation energy within 25 ns which is a time length corresponding to the bunch

crossing frequency of the LHC. They also have a small Moliere radius of 2.2 cm which

allows the ECAL calorimeter to be kept compact. The transparency of the crystals

has a major influence on the amount of light detected by the read-out electronics.

In order to achieve a reliable energy measurement, amount of detected light has to

be precisely measured for every crystal. The environment temperature can be affect

on light yield of lead tungstate crystals. For this reason, a cooling system has been

installed within the ECAL which keeps the whole system at a constant temperatures

of 180C. Totally the ECAL of the CMS detector is composed of 75848 scintillating

lead tungstate crystals.

The ECAL calorimeter can be segmented into three parts, the ECAL Barrel

(EB), the ECAL Endcaps (EE) and the ECAL Preshower (ES). The barrel part

covers the pseudorapidity range of |η| < 1.479 which contains 61200 PbWO4 crystals.

The endcap region extends the pseudorapidity coverage to |η| < 3.0 with the number

of 7324 crystals in each of two sides. The preshower detector is located in front of

the endcaps. The mechanical structure of crystals is designed with the shape of a

truncated pyramid in a way that is most suitable for the read-out electronics. The

layout of the ECAL with the introduced subdetecors is shown in Figure 2.7.

ECAL barrel

The cylindrical EB calorimeter is located at a distance of 1.3 m from the beam

pipe. The crystals populating the barrel have a front plane, the one facing to-

wards the interaction point, of 22× 22 mm2 and a backward plane of 26× 26 mm2.

In terms of pseudorapidity coverage, each crystals corresponds approximately to

0.0174× 0.0174 in η − φ phase space. These crystals are mounted such that their

surfaces are facing the interaction region though they are tilted by 3◦ to reduce the

effect of particles crossing the boundary in between adjacent crystals. The length

of the EB calorimeter crystals is 230 mm corresponding to 25.8 X0. Scintillation

light is measured with photodetectors attached to the rear face of the crystal. In

the barrel, silicon avalanche photodiodes (APDs) are used, since they are insensitive

to the high axial magnetic field. There are two APDs on the back of each crystal

which read out in parallel and each pair has a mean gain of 50.

ECAL endcap

The ECAL endcaps are located on either side of the barrel. Each endcap is 3.15 m

away from the interaction point and together they cover the pseudorapidity range
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of 1.479 < |η| < 3.0. The crystals in the endcaps are a little bit larger than barrel

region with a front face and rear face cross sections of 28× 28 mm2 and 30× 30 mm2,

respectively and a length of 220 mm corresponding to 24.7 X0. Similar to the EB

calorimeter, the crystals are not facing exactly towards the interaction point, but

they are slightly tilted. For the end caps, vacuum phototriodes (VPTs) are used

because they withstand the high radiation in this region. In the back of each endcap

crystals, one VPT with a mean gain of 10.2 at zero magnetic field is attached. The

value of VPT gain is decreases by about a factor of 2 when the CMS magnet is

operational.

ECAL preshower

In front of each end caps, there is a two-layer sampling calorimeter with high spatial

resolution in the region 1.653 < |η| < 2.6. This subdetector has a much greater

spatial resolution than the ECAL itself, making it an ideal complement for the

system in the high pseudorapidity region where the flux of crossing particles is

stronger. The ES subdetector consists of a double-layer lead-silicon calorimeter,

with the lead initiating the shower and the silicon strip detector placed after each

lead layer to measure both the position and deposited energy of particles traversing

the detector with high granularity. The main goal of the preshower is to identify

neutral pions, in the mentioned pseudorapidity region, where the angle between the

two photons from the decay of the neutral pion is small enough to fake the signal of

just one photon with larger energy. It also improve the identification and position

resolution for electrons and photons.

ECAL resolution

The ECAL allows a very precise energy measurement of electrons, positrons, and

photons. The energy resolution for the ECAL can be characterized as a function of

the energy by the following formula:

( σ
E

)2

=

(
S√
E

)2

+

(
N

E

)2

+ C2, (2.6)

where the energy of a particle E is given in units of GeV. The first term describes

stochastic effects which depends on event-to-event fluctuation in lateral shower con-

tainment, photo-statistics and photo-detector gain. The second term arises from

electronic noise which is given in units of MeV. The last constant term is driven by

the non-uniformity of the longitudinal light collection, calibration errors and leakage

of energy from the back of the crystals. By fitting test beam data to this function,

the parameters can be extracted. The ECAL energy resolution as a function of
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the energy for a test beam is shown in Figure 2.8 [49]. A typical energy resolution

extracted from a test beam data is found to be:

( σ
E

)2

=

(
2.8%√
E

)2

+

(
0.12

E

)2

+ (0.30%)2 , (2.7)

Figure 2.8: ECAL energy resolution of a matrix of 3× 3 crystals as a function
of energy.

2.2.4 Hadronic calorimeter

All hadrons pass the ECAL without much energy loss, then a second calorimeter has

to be installed just after the ECAL which is dedicated to hadrons. The HCAL [58]

is designed to measure the energy of hadrons with enough accuracy to allow for the

precise determination of jets and missing transverse energy. Unlike the ECAL, the

HCAL is a sampling calorimeter consisting of non-magnetic brass absorber plates

interleaved with plastic scintillators to measure the deposited energy. The number

of absorber and plastic scintillator layers are not constant within the calorimeter

depending on the installed position in the detector. In order to make precise mea-

surements on missing transverse energy, the HCAL must be cover the whole solid

angle (η, φ) as well as providing good spatial resolution. The pseudorapidity cover-

age is limited because of the beam-pipe which has to traverse the HCAL.

The HCAL subdetector is split into four subsystems: the hadron barrel (HB),

hadron endcap (HE), hadron outer (HO), and hadron forward (HF) calorimeters.

The HB and the HE subdetectors surround the ECAL and are located inside the

magnet whereas the HF and the HO are outside of it which together cover the

pseudorapidity range of |η| < 5. A schematic overview of the HCAL subdetectors is

given in Figure 2.9.
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Figure 2.9: Longitudinal view of the CMS hadronic calorimeter, showing the
locations of different subdetectors.

HCAL barrel

The HB extends from an inner radius of 1.77 m (the outer radius of the ECAL) to an

outer radius of 2.95 m (the inner radius of the magnet) which covers the pseudorapity

range of |η| < 1.3. It is made of 36 identical azimuthal wedges, arranged into two

groups of 18 to form the two halves of the barrel. These wedges are made of 16

layers of absorbers followed by plastic scintillating tiles. The innermost one is a 4

cm thick steel plate, the next eight brass plates are 5.05 cm thick while the other

six brass plates made of 5.65 cm thick and finally followed by a 7.5 cm thick steel

plate. The effective thickness of the absorbers in terms of interaction length (λI)

increasing from 5.82λI at η = 0 to 10.6λI at |η| = 1.3.

HCAL endcap

The HE calorimeter on both sides of the barrel overlaps slightly with the HB sub-

detector and covers the pseudorapidity range of 1.3 < |η| < 3. The HE layers are

made out of 7.9 cm thick brass absorber plates surrounded by plastic scintillator.

HCAL outer

The size of the barrel of HCAL is limited by the radius of the solenoid. Due to

the limited amount of absorber material in the HB, hadronic shower leakage can

sometimes happen. As a consequence, an extra layers are added just outside the

magnet called the HO subdetector which collect the energy coming from residual

particles that crossed all the material inside the magnet. The HO system with

the same segmentation of the HB, except iron absorbers instead of brass, covers

pseudorapidity range of |η| < 1.26. Two scintillators are used for the central ring

(at η = 0) while there is only one scintillator for the rest of pseudorapidity regions.
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The HO subdetectors extends the total thickness of the HCAL to a minimum of

11λI.

For each of these three subdetectors, the scintillator is segmented into HCAL

towers both in η and φ to provide the necessary granularity. For the HB and

the HO subsystems, the calorimeter tower segmentation is 0.087× 0.087 in η − φ
phase space. The tower size in the HE part is the same as for the HB up to

|η| < 1.74. Beyond this region, the tower sizes for the HE, are incrementally enlarged

to a maximal size of (∆η,∆φ) = 0.35× 0.175. The produced light from the plastic

scintillators is collected by a set of wavelength shifting optical fibers and finally read

out by using hybrid photodiodes (HPD). Each HPD consist of a photocathode kept

at high voltage of about 8 kV and a pixelated silicon photodiode. These devices

were chosen due to their high dynamic range, their high gain (∼ 2000) and their

capability to work in high magnetic field.

HCAL forward calorimeter

The HF calorimeter is placed along the beam line at a distance of 11.2 m from the in-

teraction point. This subdetector by using a Cerenkov-based radiation-hard technol-

ogy, extends the angular coverage to the high pseudorapidity region 2.9 < |η| < 5.2.

The large η range of the HF allows to measure hadronic activity in the very forward

region by detecting forward jets. The HF is segmented in towers of 0.175× 0.175 in

η − φ except for |η| > 4.7, where the segmentation is 0.175× 0.35. Due to the high

flux of particles in the forward regions, radiation-hard materials are chosen. The

absorber material of the HF is made out of 5 mm thick steel plates.

The optical signal generated by charged shower particles, is produced by a

set of Cherenkov-light-emitting quartz fibers instead of scintillation. The emitted

Cherenkov light can be detected by photomultipliers. There are two different kinds

of fibers, short fibers with a length of 22 cm and long fibers which run the entire 1.65

m length of the HF. These two fibres are read out separately which makes it possible

to distinguish electromagnetic from hadronic jets because only the electromagnetic

one can deposit a large fraction of their energy in the short fibers.

HCAL resolution

The HCAL has a much worse resolution in comparison with the ECAL which makes

it necessary to do calibration run on that to retrieve the Jet Energy Correction

(JEC) information. The resolution of the HCAL system was studied in a test-beam

with single pions crossing the prototype detector [45]. When the information of

ECAL and HB are combined, an energy resolution of 20− 30% is obtained for pions

below 50 GeV while for 300 GeV ones, the energy resolution is further improved to
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less than 10%.

2.2.5 Solenoid magnet

The CMS detector is designed to achieve a momentum resolution of ∆p/p ∼ 10% for

the particles with extreme high momenta of p ≈ 1 TeV/c. In order to fulfil this re-

quirement, determine charge of energetic particle with good accuracy, and also keep

the CMS detector reasonably compact without loosing momentum resolution, the

CMS detector has to be located in a strong solenoid magnet. This is accomplished

using a superconducting solenoid capable of producing a 3.8 T magnetic field in the

barrel region providing the bending power needed to achieve a good resolution for

energetic charged particles. Additionally the iron return yoke bends the magnetic

flux on the solenoids outside and leads to a field of 1.9 T in the opposite direction.

The CMS solenoid magnet has a longitudinal size of 12.5 m and an internal

diameter of 6 m. It is made from a 4-layer winding of NbTi coils and has a mass of

220 tons. These coils are contained in an aluminium coating providing thermal and

mechanical stability to the magnet. In order to reach the superconducting phase,

the magnet coils are cooled up to 1.9 K by using a 3He system. The produced

magnetic flux is returned through a 10000 ton iron yoke surrounding the solenoid.

The return yoke is made in 11 parts, five wheels and two endcaps made of three

disks each. Each of five barrel wheels is 13 m long and has an outer radius of 7

m, while each of endcaps with same radius as barrel part is 4 m thick. The CMS

magnet system with stored energy of 2.6 GJ, carry a total electric current of 20 kA.

2.2.6 Muon chambers

The muon detection and triggering are critical for physics goals of the CMS, as

many new physics processes may manifest themselves via decay chains involving

muons. Muons as minimum-ionising particles (except at very high energies) can

pass through the calorimeters without depositing a large fraction of their energy

and thus can be efficiently identified by dedicated muon detectors placed outside

the calorimeters. The muon system [59] ensures a very precise reconstruction of the

muons complementing the measurement of their momentum performed by the inner

tracker using the reflux magnet.

For low pT muons up to 200 GeV/c, momentum resolution achieved in the track-

ing system satisfies the CMS requirements while for higher momentum values up to

1 TeV/c, the muon systems are useful in keeping resolution of muons at approxi-

mately 5%. The muon system is embedded in the iron magnet return yoke of the

solenoid magnet in the outermost region of the CMS detector. Geometry of the

Muon system with pseudorapidity coverage range of |η| < 2.4 is shown in Figure



CHAPTER 2. EXPERIMENTAL APPARATUS 46

2.10.

There are three different gaseous detector technologies: Drift Tube (DT) in the

barrel region, Cathode Strip Chamber (CSC) in the end cap and Resistive Plate

Chamber (RPC) in both regions. The reason to use different detector technologies

is mainly lies in the different particle rates and occupancies.

Figure 2.10: Location of the CMS muon detector in the r-z plane, showing the
relative locations of the DT in green, RPC in red, and CSC in blue.

Drift tube

In the barrel region up to |η| < 1.2, four layers of DT chambers are interleaved with

the iron return yoke which provides a magnetic field of 1.9 T for the outer part of

the CMS detector. In this region the background (mainly neutron-induced) as well

as the muon rate are small, allowing for the usage of drift tubes being relatively

cheap and easy to handle. Four stations of the DT system are located in the spacing

between the layers of the iron return yoke and labelled as MB1-MB4 in Figure 2.10.

Each of first three inner stations has 60 drift chambers which is equipped with

two oriented super-layers to measure the muon position in the r− φ plane and one

super-layer to measure the position in the z-direction. The fourth outer station has

70 drift chambers which contains only the two super-layers measuring the position

in the r− φ plane. Each of these super-layers composed of four layers of drift tubes.

The drift tubes are constructed of long rectangular chambers with cross section of

13× 42 mm2 and 2.4 m in length, filled with a mixture of 85% Ar and 15% CO2 gas.

In this configuration, cathodes are located along the outside of the chambers, with

an anode wire running along the center of the chamber.

As muons passing through the gas, molecules become ionized and the total

charge is collected on the wire gives rise to an electronic pulse. The muon position
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in each DT is reconstructed by measuring the arrival drift time of the charge to the

anode wire and by converting it into a distance from the wire. The maximum drift

distance is 2.1 cm corresponding to a drift time of 380 ns. These drift tubes have a

very good single-hit spatial resolution of around 100µm in the r− φ plane and up

to 150µm in the z direction, and an angular resolution of 1 mrad.

Cathode strip chamber

Each endcap of muon system is equipped with four stations of CSC, covering the

0.9 < |η| < 2.4 pseudorapidity range. There is endcap-barrel overlap region between

the barrel DTs and endcap CSCs, 0.9 < |η| < 1.2, which muons are detected with

both of them. In the forward region with non uniform and non zero magnetic field,

the rate of muons are much higher than what experienced in the barrel. Hence, in

this region the CSC chambers with a fast response time, a fine segmentation, and

a better robustness against radiation damage are used. Four stations of the CSC

detector called as ME1-ME4 are shown in Figure 2.10.

The inner-most disk ME1 is made of three rings of 18 chambers each, while

ME2 and ME3 are composed by two rings of 18 and 36 chambers and finally the

outermost one has only one ring of 18 chambers. The CSCs are multiwire propor-

tional chambers composed of six anode wire planes interspersed with seven cathode

panels. The nominal gas mixture used to fill the CSC chambers is 40% Ar, 50% CO2

and 10% CF4. The chambers are trapezoidal and cover either 10◦ or 20◦ intervals

in φ. Each of these chambers has the cathode segmented radially in strips, provid-

ing a φ measurement, and the anode wires running perpendicular in the azimuthal

direction, measuring the position in η.

By passing muons through the cathodes and producing an ionization trail, the

electrons are accelerated to the wire where an avalanche occurs which induce charges

on the cathode. Totally, there are 468 CSC chambers, with 220,000 cathode strips

and 180,000 anode read-out channels. These chambers also provide a good single-hit

position resolution varies from 75 to 200µm from the first to the last station with

an angular resolution in the order of 10 mrad.

Resistive plate chamber

In order to ensure the accurate timing required for triggering, the muon system is

also equipped with a set of the RPC chambers. The RPCs are located both in

the barrel and on the endcaps and cover the |η| < 1.6 pseudorapidity range. These

detectors are dedicated to trigger purpose due to their very fast response time with a

good time resolution of the order of 1 ns. Thus, they are mainly used to improve the

bunch-crossing assignment when triggering on muons. A total of six layers of RPCs
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are embedded in the muon barrel system, two in each of the first two stations and

one in each of the last two stations. In the endcap region, the RPCs are trapezoidal

arranged in three rings in each of the first three stations. Each of RPC chambers

is operated in avalanche mode and made with a double-gap structure in which the

two gaps are filled with gas and have a single read-out strip in between them. The

final signal is summed from the output of two gaps.

2.2.7 Data acquisition and trigger system

At the design luminosity of 1034cm−2s−1, the LHC will deliver up to 109 inelastic

collisions per second. During nominal operation, the LHC operated at bunch cross-

ing period of 25 ns leading to a 40 MHz frequency. This leads to a huge amount of

processing and data storage which is several orders of magnitude larger than what

can be stored with the most modern technologies. Because of these limitations, it

is necessary to discard most of the events during the data taking by a factor of 106

and select only a subset of all events which are likely to contain physics processes of

interest. This is achieved with a trigger system designed to take a decision on each

event to be stored on tape or not.

The trigger system must be quick in the reconstruction and identification of

the objects to be able to consider every aspects of the events within the very high

frequency of the bunch crossing. The decision is divided into two sequential levels:

the Level-1 (L1) Trigger [60] and the High-Level-Trigger (HLT) [61, 62] as illustrated

in Figure 2.11. The first selection, L1 trigger, is based on hardware systems which

roughly read out only a few subdetectors with simple selection criteria and a very

fast decision system. Events passing this step are fed to the HLT which is a software

based trigger system, using more detailed information of all subdetectors to partially

reconstruct the events.

Figure 2.11: Architecture of the CMS Data Acquisition System (DAQ).
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Level-1 Trigger

The L1 trigger is performed by custom electronics that is located partly on the

detector and partly in the Underground Service Cavern (USC) adjacent to the ex-

perimental hall. The programmable hardware system consists of FPGAs (Field

Programmable Gate Arrays) and ASICs (Application Specific Integrated Circuits),

designed to take a fast accept/reject decision for every bunch crossing. The L1 trig-

ger with a very fast response, is designed to reduce the rate of events accepted for

further processing from 40 MHz to the less than 100 kHz.

The trigger must take a decision every 25 ns but the maximum processing time

from generated electrical signals to a L1 trigger decision is estimated about 3.2µs.

Then in order to avoid any data loss within an allowed latency, the information of 128

bunch crossings recorded by each detector are pipelined, waiting for the final decision

of the trigger system. Due to this short time scale, the L1 trigger uses only the

information provided by the segmentation of calorimetric and muon system which

are the two CMS subdetectors with the fastest time response. This information

is used to identify electrons, muons, photons and jets over a certain threshold as

well as rough estimation of the missing transverse energy Emiss
T , based on reduced

granularity. These objects are only partially reconstructed without exploiting the

full detector resolution. The L1 trigger can be divided into three majors subsystems:

the Global Muon Trigger (GMT), the Global Calorimeter Trigger (GCT), and the

Global Trigger (GT), as shown in Figure 2.12.

Figure 2.12: Flow of the L1 Trigger decision before data is being transferred to
the DAQ.

As described in the last section, muon information is provided by DT, CSC and

RPC subdetectors. The DT and the CSC systems can provide the muon tracks and

hit patterns, used to reconstruct muon transverse momentum. The RPC is treated

separately because it has a good timing resolution which allows it to clearly distin-
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guish muons among different bunch crossings. The output of each muon subsystems

are sent to the GMT where the final decision is taken.

The calorimeter segmentation trigger is based on trigger towers where the trans-

verse energy from these towers is summed and associated with a bunch crossing. The

calorimeters provide trigger system with a set of relevant physics variables like the

Emiss
T , the scalar sum of the transverse hadronic activity (HT), the number of jets

above different energy thresholds as well as information of particle isolation. Also

electron, photon and tau candidates can be identified by using the geometry of the

energy distribution in the towers at this trigger level. These information is passed to

the GCT to roughly reconstruct particles, calculates the Emiss
T and HT parameters.

In order to make the final decision on whether to accept or reject the event at

the L1 trigger, the GT uses a multi level architecture based on the GMT and GCT

as described in Figure 2.12. Trigger primitive generators perform a local reconstruc-

tion using a small fraction of the interested subdetector, producing basic objects.

Regional triggers match the information coming from different primitives, identify

higher level objects and build physical quantities, such as pT. Then described GMT

and GCT systems combine information coming from different regional triggers. Fi-

nally the GT uses all of objects from the GMT and the GCT and selects events on

the basis of programmable trigger conditions corresponding to predefined energy or

momenta thresholds in advance. Events passing the L1 trigger are then passed to

the HLT, while the others are discarded.

High Level Trigger

The HLT trigger system is designed to further reduce the rate of accepted events of

100 kHz to approximately 100− 400 Hz which is required limit by the CMS comput-

ing infrastructure. Since the HLT uses information from the entire detector including

the inner tracking system, it takes more time than the L1 trigger to make a decision.

Unlike the L1 trigger, the HLT system is a software based trigger which has access

to complete reconstructed event data exploiting the full resolution of most subde-

tectors and performs a simplified version of the CMS offline event reconstruction

on these events. This computational complexity is done on a thousand commercial

processors working in parallel.

The HLT makes a decision based on predefined sets of algorithms called paths

which contain several trigger filters in sequence. The selection criteria for each of

these trigger filters can be updated frequently according to the LHC beam conditions

and some needed cuts dictated by the CMS Physics Analysis Groups. The HLT

keeps only passed events from all of defined filters, then only certain fraction of

events will be stored at the end. At the HLT, different systems are designed for

the identification of different kinds of objects like electrons, photons, muons, taus,
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jets (including b-quark jets) and Emiss
T . When one event passed by the HLT, it is

transferred to the CERN computing centre which store the recorded data and the

necessary simulated collision events.

Data storage and processing

Event information from each subdetectors containing digitalized output, the L1 and

the HLT trigger are recorded in the RAW data formats. The reconstruction of col-

lected and simulated data implies the necessities of a lot of computing resources.

In order to make all the collected data available to scientists worldwide, a new dis-

tributed computing system has been created, involving different computing facilities

in various parts of the world which is often referred to as the Worldwide LHC Com-

puting Grid (WLCG) [63]. This system with fast data transfer ability is a powerful

computing tool to process reconstruction data and simulation events throughout the

world.

Since the scale of this project is very large, computing facilities are organized in

a hierarchical tiered structure. Figure 2.13 gives a schematic overview of the CMS

computing grid. The raw data passing through the HLT system is stored at a single

Tier-0 computing centre, hosting at CERN. The data recorded by the CMS with the

prompt reconstruction is registered here at the Tier-0 centre. One of this permanent

mass storage duties is transfer all of collected and simulated data to at least two

independent Tier-1 computing centres.

Figure 2.13: Schematic overview of the CMS computing grid.

Totally, seven Tier-1 centres are located around the world which store also the

simulated data. Some high priority analysis jobs are run on these sites but the
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main tasks are carrying out data reprocessing and storing reconstructed data and

simulated samples events in reliable mass storage systems. They also provide very

high speed international network links to distribute data to the Tier-2 sites connected

to them. Multiple Tier-2 centres are also distributed around the world. These

centres store copies of MC samples and data streams to do physics data analysis on

them. The Tier-2 centres are accessible for users to submit analysis jobs on them.

At the end, Tier-3 centres are local analysis centres which provide limited computing

and storage for local groups.



Chapter 3

Sensor R&D for the CMS outer

tracker upgrade

The upgrade project of the LHC, known as the High Luminosity-LHC (HL-LHC)

[64], is scheduled for 2022. In the HL-LHC phase, LHC has planned to deliver

an integrated luminosity of up to 3000 fb−1 at an instantaneous luminosity of 5 ×
1034 cm−2s−1. From simulations of the radiation environment at the CMS, one

expects a maximum particle fluence of 1.5×1015 neq/cm2 for the silicon strip tracker

regions (shown in figure 3.1).

Figure 3.1: Simulated fluences by FLUKA for the CMS tracker, as a function
of the radius from the interaction point [65].

Within these conditions, the radiation environment of the tracking system will

be severe, required to install a new tracker detector, built with a material able

to withstand the radiation rate, and a layout that guarantees a granularity higher

than the actual CMS tracker one. To identify the future silicon sensor technology

baseline for the phase II upgrade of tracker, CMS started a so called Hamamatsu

Photonics K. K. (HPK) measurement campaign. In order to find the best candidate,

the CMS Tracker Collaboration has ordered a large number of 6 inch wafers to

53
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the producer HPK to investigate possible sensor technologies and materials. The

used wafer layouts with different substrates, thicknesses, implants, and geometries

include a variety of devices to investigate different aspects of sensor properties like

pad diodes, test-structures, small strip sensors and a strip sensor array with varying

strip pitch and strip width.

To find radiation hard materials, an extended mixed irradiation program with

protons and neutrons has been set up for the materials of interest. These sensors

have been irradiated to various fluences corresponding to the ones expected at dif-

ferent radii in the future tracker, searching for the best material, manufactured by a

widely recognised producer. The measurements performed on the structures include

electrical sensor characterization, collected charge measurements, and bulk defect

characterization. In this part, the current status and results of described campaign

will be presented.

3.1 The wafer and materials

The wafer has been packed with a variety of structures, each intended for a different

purpose (figure 3.2). A detailed overview of some important parts can be find below

[66].

Figure 3.2: The HPK campaign wafer with the different structures.

The material properties and response to irradiation are investigated with dif-

ferent diodes. Dark current value for the detector can be measured by using diode

structures. They are used to investigate the material through electric measurements

(IV- and CV-curves). There are also test structures to qualify and monitor the qual-

ity of the production process as well as determining operating parameters. Several
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different measurements such as interstrip parameters (capacitance and resistance)

and dielectric break down voltage can be performed with this structure consisting

of strips.

In order to save materials in the standard baby sensors, the pitch adapter as

connection between sensor and readout system is implemented directly on the sensor.

They are produced by converting the about 80 µm pitch of the strips to about 45

µm pitch of the read-out chip pads [67]. The baby structure is used for beam tests

and source measurements to evaluate radiation hardness of the different materials.

The other sensor with very short strips (1-2 mm), multi-geometry pixel sensor, is

used especially for the capacitance measurements, as it leads to conclusions on the

noise behaviour.

Our measurements focus on the Multi-Geometry Silicon-Strip Detector (MSSD),

which is highlighted with a red square in figure 3.2. This structure is used for test

beam measurements in presence of radioactive sources. It contains 12 different

regions with different strip pitches and width-to-pitch ratios. Strips are arranged

in groups of 32 strips with different pitches from 70 to 240 µm. These kind of

sensors could be used in the inner region of the Phase II strip tracker. These sensors

allow for the actual assembly of modules and therefore for the investigation of the

influence of geometry and materials on resolution, noise and signal-to-noise ratio.

In our study, charge collection and a new effect, namely random ghost hits, will be

investigated.

This layout with different active thicknesses has been processed by different

technologies for the substrate production. Previous work done at CERN [68] has

shown that silicon substrates with a high oxygen content show a higher degree of

radiation tolerance. In the HPK campaign, three different processes with different

oxygen contents for growing silicon sensor silicon are compared. Float Zone (FZ),

which is the best known material, serves as a reference with a high quality in terms

of the high resistance values. Magnetic Czochralski (MCZ), as a growth technique

results in a high oxygen content in the silicon, which has been shown to be beneficial

in terms of radiation hardness. Epitaxial (Epi), known as a method allows to produce

very thin (25-100 µm) active sensors by chemical vapour deposition of silicon on a

carrier wafer.

All described materials are available as p-strip implant in n-bulk material (n-

type) and n-strip in p-bulk (p-type) versions. In order to avoid low interstrip resis-

tances due to inversion layers, the p-type sensors require additional isolation which

is done with two different techniques. The p-type sensors labelled with the letter

Y (p-spray) are produced under a homogeneous p-doping of lower concentration all

over the strip side of the sensor. The sensor types named with letter P (p-stop) use

a higher doping concentration p+ between the n+ readout strips to intercept the
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electron accumulation layer.

Modules with several various thicknesses have been ordered to study the prop-

erties of different sensors. The deep diffused FZ materials with a physical thickness

of 320 and 200 µm are available. The MCZ material is physically 200 µm thick and

the epitaxial wafers come in 50, 75 and 100 µm versions. An advantage of thinner

sensors is the lower depletion voltage compared to thicker sensors. Also due to the

reduced thickness and a higher electrical field, the trapping of charge carriers is

reduced after irradiation for the thinner versions. In our study, labels for the ma-

terials are composed of silicon type (FZ, MCZ, FTH: thinned float zone), nominal

active thickness (320, 200 µm) and doping type (N: n-type, P: p-type with p-stop,

Y: p-type with p-spray).

3.1.1 Irradiation

The radial dependence of neutral and charged hadron fluences differs significantly

(figure 3.1), which leads to a variation of the ratio of charged to neutral hadrons as a

function of radius. It was found that neutrons, protons and mixed irradiations lead

to different effects in different materials. Therefore we need to probe these effects

on our materials in a consistent way. Since we cannot survey the conditions in the

entire tracker volume, we picked some representative points as summarized in first

two lines of table 3.1. The selected fluences reflect the same conditions in the tracker

in view of total fluence and mixture of charged and neutral particles.

Table 3.1: Summary of the foreseen particle fluences at z = 250 cm. The
maximum fluences for the CMS sensors discussed in this paper correspond to r =
20 cm.

Radius Protons, 1014 neq/cm2 Neutrons, 1014 neq/cm2 Total, 1014 neq/cm2 Ratio p/n

40 cm 3 4 7 0.75

20 cm 10 5 15 2.0

15 cm 15 6 21 2.5

10 cm 30 7 37 4.3

5 cm 130 10 140 13

The studied sensors in the HPK campaign are then irradiated under several

irradiation steps with protons and neutrons. Irradiations are performed with 1 MeV

neutrons from the reactor in Ljubljana, Slovenia, and with 25 MeV protons from the

cyclotron in Karlsruhe, Germany. The annealing effects at room temperature due

to the transport from the irradiation facilities to the individual institutes, where the

measurements are performed, have to be considered.
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3.2 Measurement setup and results

In order to understand the sensor properties and their influence on the performance

fully, a variety of tests like signal (charge collection) and noise using the CMS

readout system have been done. The sensors are mounted on an aluminium plate and

equipped with the CMS APV25 readout chips and electronics. For the signal and

noise measurements, the MSSD structures with various strip pitch and width ratios

in combination with different thicknesses and materials are exposed to particles from

a radioactive beta source (90Sr). In the next two sections, the measurements on the

varied bias voltage, fluence, annealing time and temperature for different geometries

will be reported.

3.2.1 Charge collection

The most important measurements for hit identification is the signal to noise ratio.

The irradiated sensors are exposed to the beta source and the collected charges

are measured for many times. The distributions of cluster charge are built and

fitted with the convoluted Landau and Gaussian functions. The most probable

value (MPV) of the fit function is extracted which known as cluster charge in the

following figures.

In order to make a high speed off-detector digital links at the HL-LHC, the

digital readout chip with a comparator to select ”hit” or ”no hit” on each strip will

be used at CMS. Therefore, it is planned to substitute the existing CMS tracker

readout chip (APV25) with the analogue pipeline storage and readout system with

the CMS binary chip (CBC) [69]. The CBC noise threshold is expected to be

between 4000 and 6000 electrons, thus in this work, the 8000 collected electrons

are considered as as signal. In this section, the collected charge values at some

fixed applied bias voltage as a function of fluence and annealing time for different

materials are presented.

Figure 3.3 shows the degradation of the collected charge for FZ320 µm materials

at 600 V and 900 V reverse bias (n-type on the left and p-type on the right). These

measurements have been done for different irradiations up to 1.5 × 1015 neq/cm2,

which is the highest level of expected fluence. The initially higher signal of the thick

materials drops fast with increasing fluence. To make a comparison between CMS

and ATLAS results, the results of ATLAS [70, 71] are also put in the same plot with

equivalent doses of neutron and proton irradiations for both p and n-type materials

separately.

In general, it has been found that for n-type materials (left side of figure 3.3),

CMS measured higher signal than ATLAS. Also there are some differences between

vendors and irradiation types (ATLAS results are obtained with only neutron irra-
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diations while CMS used mixed ones). Obviously, the n-type strip sensors could be

used for fluences below 7× 1014 neq/cm2. At the higher level of radiations, a strong

decrease in cluster charge below the CBC threshold is observed. Then this kind

of sensors would not be useful for higher irradiation scenarios of phase II tracker

upgrade.

Figure 3.3: The collected charge vs. irradiation fluence for FZ320 µm (n-type on
the left and p-type on the right). The ATLAS data were extracted from references
[70, 71]. The CMS measurements have been taken at −20◦C with a 90Sr beta
source by using APV25 read-out system. A cluster has been defined so that a
seed and neighbours signals are bigger than three and two times the strip noise,
respectively.

For the p-type materials, in the case of FZ320 µm (right side of figure 3.3), the

behaviour of collected charge after irradiation is consistent for all thick sensors with

a uniform drop trend. The measurements on these strip sensors show a signal higher

than 8000 electrons even after high irradiation fluences of 1 × 1015 neq/cm2. The

seed signal is also defined as the sum of collected charge by strips which have signal

to noise ratio bigger than three. The left part of figure 3.4 shows the seed signal for

all thin materials with 200 µm thickness at fixed bias voltage of 600 V without any

annealing.

Figure 3.4: Left: Seed signal vs. irradiation fluence for FZ200 µm p and n-type
materials. Right: Cluster charge comparison between thick (320 µm) and thin
(200 µm) FZ sensors. Both of them are measured at fixed bias voltage of 600 V
without any annealing.
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It seems that for fluence below 7×1014 neq/cm2, n-type sensors have higher seed

signals with respect to p-type ones. Then n-type strip sensors could still be used in

this range of fluence. In the case of higher irradiation levels, the collected charge

for n-type materials were not high enough to be taken into account as signal. The

results of the comparison for the FZ material with different thicknesses (200 and

320 µm) are shown on the right side of figure 3.4. It can be seen that after higher

fluence of 1× 1015 neq/cm2, the physically thin materials collect comparable or even

slightly more charge than the thick sensors. Thus 200 µm thick strip sensors allow

to reduce the material budget and keep the charge collection at the same level as

320 µm thick sensors at high fluence.

One of the important parameters to study irradiated sensors is the annealing

effect on charge collection. Figure 3.5 shows dependency of the seed signal on an-

nealing time at room temperature (RT), for fixed fluences and different materials

and thicknesses. These two plots are related to medium fluence (7 × 1014 neq/cm2)

and high irradiation level (1× 1015 neq/cm2) for devices that were temperature an-

nealed. For both of them, signal is more stable for p-type sensors than n-type ones.

In the case of medium level, all thin p and n-type samples work well and show seed

signals higher than 8000 electrons even with high amount of annealing (20 weeks at

room temperature). For high irradiation (right side of figure 3.5), signal on n-type

sensor decreases after a few weeks at room temperature to a low level. This is one

reason why p-type will be the best choice for the outer part of the tracker at the

phase II upgrade project. This effect is also most pronounced for MCZ material,

which also has a higher signal with annealing than FZ as shown at higher fluences.

Figure 3.5: Annealing behaviour of seed signal at fixed bias voltage equals to
600 V for two different irradiation levels as a function of annealing time at room
temperature. Left: medium fluence (7 × 1014 neq/cm2) and Right: high fluence:
(1× 1015 neq/cm2).
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3.2.2 Study of random ghost hits

High fluences could damage sensors by increasing their leakage current, the deple-

tion voltage and charge carrier trapping which leads to the higher noise and more

heat in studied modules. Therefore, it is necessary to study noise behaviours for

different materials at higher fluences. It is expected that the noise follows a Gaus-

sian distribution before and after irradiation, but CMS has observed that the noise

distributions have large non-Gaussian tails (see figure 3.6). The effects have been

observed especially for irradiated n-type sensors and they can lead to strip occu-

pancies of more than 1% fake hits even if no particles are crossing the sensor. By

increasing the value of high voltages, significant noise tails are appeared. By taking

noise measurements without particles crossing and fitting them with Gaussian func-

tion, we can define fake hits which exceed the threshold of 5σ. The real signal is

then measured by eliminating these obtained noise hits from signal runs in presence

of radioactive beta source.

For fake hit rate computations, two different methods are defined, detailed in

figure 3.7. The 5σ cuts are applied on the by fitted noise distributions with Gaussian

functions. In the first method, the strip occupancy is defined as the number of

signals exceeding 5σ cuts at positive side band divided by the number of strips and

the number of events (left plot at figure 3.7). In the second definition, the fake hits

are defined as subtraction of signals exceeding 5σ cuts at two side bands divided

by the number of strips and the number of events (right plot at figure 3.7). The

strip occupancy due to non-Gaussian noise hits depends on bias voltage, fluence and

annealing time. To study this effect, a scan in the phase space of these parameters

are made.

Figure 3.6: Example of pedestal-subtracted noise distribution in irradiated n-
type strip sensors at 900 V taken from reference [66].

The strip occupancy due to the noise hits (by using the first method) as a two

dimensional function of bias voltage and annealing time is shown in Figure 3.8. From

this plot, it can be seen that no effect appeared in p-type sensors even after mixed
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Figure 3.7: Two different definitions of the fake hits rate.

irradiation (top-left part), while these measurements show visible effects for n-type

materials for every irradiation type. The rate of strip occupancy is going down,

when sensors are annealed for a long time of about 90 days. In case of only neutron

irradiated n-type sensors (top-right side), higher bias voltages of about 800 V are

needed to produce fake hits. This effect is less pronounced for neutron irradiation

compared to irradiation with charged hadrons (see bottom side of figure 3.8). For

higher mixed irradiation levels, this effect starts even at low voltages of about 300

V. The different features of charged and neutral hadron irradiations, indicates that

ionising energy loss in the SiO2 interface might be relevant. This dependence on

the type of ionizing radiation hints towards a combined effect of bulk damage and

surface charge. The simulation on surface and bulk damages can help to study this

effect in more detail [72].

Additionally, the contributions of fake hits for different geometries (different

strip width and pitches) have been investigated. To study random ghost hits on

different geometries, the MSSD structure with 12 regions depicted on the left side

of figure 3.9 is used again. The voltage for which the random ghost hits appeared

(called turn-on voltage) has been measured for all of the materials in different re-

gions. In this study, the second definition of fake hits rate is assumed. Figure 3.9

shows the turn-on voltage for a variety of materials at different irradiation levels

with different strip width and pitches. It can be seen that this effect has not ap-

peared for p-type sensors with 200 µm thicknesses even at higher bias voltage. The

other consequence is that regions with high strip pitches are affected earlier.

3.3 Summary of results

To find the best material candidate for the CMS outer tracker at the HL-LHC, signal

and noise were studied on sensors produced within the HPK campaign. To do that,

sensors were irradiated to fluences expected at radii of 20 and 40 cm. The output

of the measurements can be summarized as follows:
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Figure 3.8: Strip occupancy due to random noise hits as a function of bias
voltage and annealing time after irradiation (irradiation type and levels have
been labelled on each plots). Top-left: p-type with mixed irradiation, Top-right:
n-type with only neutron irradiation, Bottom: n-type with two different mixed
irradiation levels.

• n-type and p-type materials: For medium irradiation, n-type materials give

higher signals, but at higher fluences the p-type sensors collect more charge

carriers. While charge collection is rather stable for p-type sensors, signal on

n-type materials is decreased after a couple of weeks at room temperature.

The new effect of fake hits is appeared for the n-type sensors by increasing

the strip occupancy. This new effect could be explained with the simulation

of the electric field of the device and needs to be studied further.

• FZ and MCZ: Sensors made of MCZ silicon show an increased signal with

annealing. Operation of MCZ sensors would enable annealing scenarios with

longer annealing times and hence with lower dark current, less power con-

sumption and lower heat generation.

• 200 and 320 µm thickness: The collected charge was comparable for both of

them especially for sensors that will be located at a radius of 20 cm. Thinner

strip sensors allow to reduce the material budget and keep the charge collection

at the same level as 320 µm thick sensors especially at high fluences.

Finally due to the good charge collection performance of the p-type materials

after irradiation with the expected fluences, and since non-Gaussian noise hits were
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Figure 3.9: Left: Feature of MSSD with 12 regions. Every region has a specific
combination of strip width and pitch, and is shown with different color labels.
Right: Turn-on-voltage for present materials with different fluence, strip width
and width-to-pitch ratios.

not observed for them, CMS decided to use 200 µm p-type sensors for the tracker

and concentrate the future work on optimizing the technology and the geometry.



Chapter 4

Generation, simulation and object

reconstruction

In proton-proton collisions at the LHC, a huge number of elementary particles are

produced due to additional radiation and the process of hadronization and decay.

These particles go through different subdetector parts, interact with the detector

materials and finally are observed as electronic signals from the read out devices. In

order to compare recorded events taken by the CMS experiment with the theoretical

expectations from the SM as well as estimate efficiencies and acceptances of analysis

algorithms, simulated events from Monte Carlo (MC) generators are used. Simu-

lated events are generated randomly according to the probability of a given process

based on the so-called MC methods [73, 74]. The hard process in the proton-proton

collisions and the evolution of the generated particles are provided by the MC gen-

erators which is given in section 4.1.1. The detector response is simulated using

dedicated detector simulations. More information on detector simulation can be

found in section 4.1.5.

The detection of produced particles is only the first step of the data taking

process. It is essential to translate this raw detector information into physically

interpretable quantities. To do that, charged tracks or neutral energy depositions

are made and the physical objects like electrons, muons, and jets originating from

quarks and gluons are reconstructed. This procedure is carried out by different

reconstruction algorithms in the CMS offline software (CMSSW) [75]. The generated

and recorded events with the same data formats are reconstructed in the same way.

The only difference between them is that in each generated event, the true particle

information at the generation level related to each processes of the hard interaction

are also accessible. In section 4.3 and followings, the reconstruction of physical

objects are explained with details.
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4.1 Event generation chain

As explained before, simulated events are produced by the MC generators which use

random numbers according to the desired probability distributions at various stages

of the generation process. The hard parton interaction in the pp→ X collisions is

the complex process can be subdivided into a number of sequential steps, roughly

corresponding to increasing scales of distance and time. These simulation steps are

illustrated in Figure 4.1 and are summarised in the following sections.

Figure 4.1: Illustration of different steps of the MC event generation processes,
starting from the initial interaction between the protons down to the decays of
unstable particles in the experiment. This plot is given from [76].

4.1.1 Hard process generation

The interaction between two incoming protons is often soft leading to elastic colli-

sions which are not interesting in the framework of this research. More interesting

ones are the hard interactions where the desired final state is produced from the

initial partons as described before in equation 1.38. The hard parton interaction

is calculated with the MC generators with respect to the corresponding matrix ele-

ments of the processes and the probability density of the phase space. In the case of

hard process, since the strong coupling constant αs is small for large Q2, the cross

section can be calculated with the help of perturbation theory. As a consequence,
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this calculation is done by using perturbation matrix element (ME) method and the

integration over the PDFs to address all possible initial partonic states.

4.1.2 Parton shower

The incoming and outgoing partons undergo branching, giving rise to so called

parton showers. Radiation produced by the incoming partons is called Initial State

Radiation (ISR) while the latter is known as Final State Radiation (FSR). These

additional radiations lead to possibly large corrections to the event topology of the

hard process. Two different methods, matrix element and parton shower, are used to

generate such radiations. In the first method, the matrix elements of hard processes

with these additional radiations are calculated based on the perturbation theory. As

dedicated before, this method is well suited to simulate particle interactions with

high momentum transfer, where QCD coupling αs is small, and then only diagrams

corresponding to radiation of hard gluons are taken into account.

In the parton shower method, higher order corrections are approximated by

combining an arbitrary number of branchings of single partons into two or more

other partons. Cascade of successive emissions of quarks and gluons in each branch

are stopped when the energy scale drops below a lower energy scale where αs ≈ 1

and the non-perturbative regime begins. The evolution of the parton shower can be

described mathematically by the DGLAP QCD evolution equations [77–79]. Also

the probability for a gluon radiation is calculated via the Altarelli-Parisi splitting

functions. When both methods are applied to simulate events, to avoid double

counting of parton emission in the overlapping phase space, an appropriate matching

is performed. After the parton shower, the final state consists of colored partons

which then evolve into colorless hadrons.

4.1.3 Hadronization

As discussed in section 1.2.3, at short distance the strong interaction can be well

described by the QCD perturbation theory. At large distance, the strong coupling

becomes very large, thus confinement effect occurs. Since there is no theoretical

framework to explain the confinement mechanism, phenomenological hadronization

models are then employed to describe how the partons give rise to color neutral

baryons and mesons. The two successive models to explain hadronization are the

Lund string model [80] and cluster fragmentation [74, 81]. Hadronization is the

combination of fragmentation, and the subsequent decay of the unstable hadrons

into other hadrons. In the Lund string model, the color field between final state

quarks and anti-quarks is modelled as a color flux string. The potential energy

stored in the field between them grows linearly with the separation between quark
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and anti-quark. When this potential energy exceeds the qq̄ production threshold,

then the string can break resulting in the creation of a new qq̄ string. This process

repeats itself until the energy is lower than the threshold for quark pair production.

In the second hadronization algorithm, the cluster fragmentation model, a spe-

cial property of QCD perturbation theory, the so-called preconfinement [82] is be-

ing used. Here all secondary gluons produced during the showering are split non-

perturbatively into quark anti-quark pairs resulting in color-singlet clusters. Then

these clusters are considered as the basic units, and depending on their invariant

mass, can form neutral hadrons. At the end of the hadronization process, decay

modelling of the unstable colorless mesons and baryons is simulated randomly by

using the known decay branching ratio of the hadrons.

4.1.4 Underlying event and pileup

As described in section 4.1.1, only one parton from each proton contributes to the

hard interaction. Since two partons undergoing the hard interaction carry a color

charge, the remainder of the incoming protons is also color charged and will be sub-

jected to hadronization as well. In addition, partons in these beam remnants can

interact with each other, producing multi-parton interactions. Both the hadroniza-

tion of the beam remnant and the multi-parton interactions are labeled as the un-

derlying events [73, 83]. This process is simulated properly by the phenomenological

models and implemented in the MC simulation. Furthermore, in the case of high

instantaneous luminosities, multiple hadron collisions can happen during one bunch

crossing. The influence of these events, called pileup, is taken into account in the

MC event simulation.

4.1.5 Detector simulation

Most hadrons produced in the hadronization step are unstable and subsequently

decay into observable stable particles on the basis of decay modes with related

branching ratios. The interaction between decay products with detector material

is simulated and implemented within the CMSSW package [75]. This simulation is

based on the GEANT4 simulation toolkit [84] which includes the full geometry of the

detector and it’s materials, precise map of the magnetic field, and an approximation

to the electronic readout. As the final step, generated events from proton-proton

collisions are passed to the described simulation program for the CMS detector

resulting in the ultimately measured digital signals. These readout electronic signals

should be similar to the output of the real detector which can then be used in the

original event reconstruction algorithms.



CHAPTER 4. GENERATION, SIMULATION ANDOBJECT RECONSTRUCTION68

4.2 Monte Carlo generators

For a full event generation with all steps from the hard scattering up to the decay,

different types of MC generators are used. Firstly, the matrix element event genera-

tors like MadGraph/MadEvent [85] use perturbative QCD calculations to simulate

ISR and FSR in LO matrix elements without hadronization modelling. The sec-

ond group of MC generators like Pythia [86] and Herwig [87] can model the parton

showering and hadronization very well. The former one performs simulation of hard

interaction while the latter gives a good description of soft parton emissions. The

most common matching between these two simulation steps, are the MLM scheme

[88] and the CKKW [89] algorithm. In the following, some different MC event

generators used in this analysis are briefly introduced.

4.2.1 MadGraph and MadEvent

MadGraph is a matrix element generator that can produce the leading order Feyn-

man diagrams for desired process and compute the squared amplitudes of the related

diagrams. In addition to determine the amplitude for a given process, MadGraph

also produces the mapping for the phase space integration. Since the generation

of all diagrams is CPU intensive, MadGraph can manage processes with a limited

number of final state partons. Then MadEvent event generator processes the infor-

mation produced by the MadGraph, calculates cross sections and finally generates

MC events of hard interaction. As already mentioned, this event generator does not

produce any particle showering, therefore the output has to be passed to a shower

and hadronization generator like Pythia or Herwig.

4.2.2 PowHeg and MC@NLO

In contrast to the MadGraph approach, the Positive Weight Hardest Emission Gen-

erator (PowHeg) [90] and the MC@NLO [91] generators provide matrix element

calculations with NLO precision. Since these two generators with NLO calculations

only calculate diagrams up to one additional parton, these generators establish in-

terfacing with a parton shower program to generate additional radiations. The main

approach of these programs is to generate the hardest radiation first and then feed

the generated event to a shower and hadronization generator for softer radiations.

The difference between them lies in the way that these theoretical NLO calculations

are matched to the parton showers.
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4.2.3 Pythia and Herwig

These generators are multi-purpose MC event generator which describes very well

possible particle collisions at high energies. They contain wide range of processes

from hard scattering to soft ISR/FSR emission generation as well as many models

beyond the SM in own packages. They also include initial and final state par-

ton showers, contributions of underlying events, hadronization modelling and decay

processes. In Pythia, the hadronization process is implemented following the Lund

string model where the linear confinement in QCD is the main concept to model

fragmentation.

In contrast to Pythia, Herwig uses cluster fragmentation instead of the string

model for jet hadronization via non-perturbative gluon splitting into quark-antiquark

pairs and grouping all color connected quarks into clusters. In this analysis, most

of the MC simulated samples are showered with the Pythia approach, while some

other samples are produced with the Herwig generator.

4.3 Physics object reconstruction

The data format of the CMS detector readout for simulation and real data can

not be easily used in physics analysis, then it is essential to translate the readout

electronic signals from all subdetectors to physical objects with kinematics required

in data analysis. This is accomplished by different steps of reconstruction algorithm

embedded in the CMSSW framework aiming at a full reconstruction of all particles

from the hard scattering event. Firstly, tracks of charged particles are constructed

by converting the electronic signals into hits in the tracking system and clusters of

energy deposition in the calorimeters. In a second step, these reconstructed tracks

are used to identify physics object candidates.

The object reconstruction in the CMS experiment is described in this section.

The most important physics objects to reconstruct the tt̄ events in dilepton channel

are electrons, muons, jets, and neutrinos. After a brief description of the tracks

structure in section 4.3.1, the particle flow (PF) [92] algorithm which is standard

muon and electron reconstruction approach will be explained in section 4.3.3. The

identification of electrons and muons are presented in sections 4.3.4 and 4.3.5, re-

spectively. The reconstruction of jets from hadrons is discussed in section 4.3.6,

while section 4.3.7 is devoted to the b jets identification in the CMS. The other

quantity to explain weakly interaction neutrinos, the Missing Transverse Energy

Emiss
T , will be introduced in section 4.3.8.
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4.3.1 Reconstruction of tracks

In order to reconstruct the trajectories of the produced charged particles in the col-

lisions, CMS provides a very precise tracking system. Charged particles go through

the tracking volume and produce some hits in the tracking devices along their tra-

jectories. In the CMS detector, the trajectories of these particles are curved due to

the magnetic field and the Lorentz force. The curvature of the trajectory is related

to the electric charge and the momentum of the particle, so measurement on the

charged particle tracks is essential for the precision measurement of it’s momentum.

To reconstruct this trajectory, the positions of isolated hits have to be combined

correctly.

There are several methods for track reconstruction by fitting the positions of

hits in the tracker layers. In the CMS, tracks are reconstructed with the Combined

Track Finder (CTF) method [93], by using a Kalman Filter (KF) [94]. In this

method, tracks are constructed from the inner pixel layers to the outer layers of the

silicon strip detector. The track reconstruction in an event is done through multiple

iterations. Firstly, seeds as track candidates are generated from a group of two

or three hits in the inner most tracker layers. These hits are used to construct the

trajectories layer by layer using the KF algorithm. In order to find additional tracker

hits associated with the track candidate, the curved paths of the charged particle

in the magnetic field, the momentum loss in the tracker material and also multiple

scattering are taken into account in this algorithm. For each layer, new trajectory

candidate is created with respect to the updated parameters for corresponding hit in

the layer. The procedure of fitting all trajectory candidates is repeated over layers

until the outermost layer is reached.

In case no hit is found for two consecutive layers, the trajectory candidate is

rejected. Since for each seed there might be several hits in the subsequent layers, a

large number of trajectory candidates are present. To avoid any overlaps between

different candidates, the trajectories are compared with each other and the best one

is selected based on the number of common hits and the track quality. Firstly the

ones with the worst fit result is removed from the list of comparison. In the case

of two tracks sharing at least half of the hits, the algorithm removed one with the

lower number of hits or if the number of hits is equal, one with the lower χ2 value of

the fit is rejected. Finally, in order to improve the precision of the track parameters,

an additional global fit is performed by using all measurement points associated to

the track. The whole sequence from local to global fitting is repeated iteratively

for many times. At each iteration, the used hits in the last iteration are removed,

different track selection criteria are applied and the algorithm runs again to find the

best track candidate.



CHAPTER 4. GENERATION, SIMULATION ANDOBJECT RECONSTRUCTION71

4.3.2 Vertex reconstruction

By reconstruction of track trajectories, we are able to measure the location of ver-

tices. In order to define characteristic of each event, exact position determination of

the primary interaction point of the hard elementary process is essential. Generally

a primary vertex (PV) is the interaction point of the hard scattering process while

secondary vertices usually indicate decay points of long lived particles. The main

goal of the primary vertex reconstruction algorithm is finding a common origin of

reconstructed tracks and performing precise measurements on the founded vertex

parameters. In the CMS, primary vertices are reconstructed by fitting the position

of clustering tracks which have a same interaction point.

To make accurate search of the PV, described tracks have to fulfil some quality

requirements contain number of hits in the pixel and silicon strip detector as well

as cut on the normalized χ2 value of the track fit. In order to fit the position

of the vertex, each track receives a weight which depends on it’s compatibility χ2

with the vertex candidate. Like track reconstruction, the fit procedure is performed

iteratively, so after each iteration a set of weight values are obtained. In a last step,

the list of primary vertices is sorted by the sum of weighted p2
T of all associated

tracks. For pileup events with multiple primary vertices, one with the highest sum

of weighted p2
T is considered as the selected PV.

4.3.3 Particle Flow algorithm

Now, there is capability to full reconstruct single particles by combining information

of reconstructed tracks and vertices, energy deposits in the calorimeters and signals

from the muon chambers. For the identification and reconstruction of stable particles

like electrons, muons, jets as well as missing transverse energy, the PF algorithm is

used. The main idea behind the PF method is to combine all the information of all

CMS subdetectors in order to improve quality of object reconstruction. This leads

to estimate much more precisely the momentum of a particle since the information

from multiple subdetectors is combined.

In general, the PF algorithm consists of two main steps. At the beginning,

the combination of fundamental charged particle tracks, deposited energy in the

calorimeters and hits in the muon chambers are grouped into blocks by the linking

algorithm. Then these linked blocks are identified as different kinds of particles

produced during proton-proton collisions. This algorithm gains a high efficiency and

a low fake rate particle identification by improving the performance for jets, Emiss
T and

the isolation of charged leptons compared to the generic object reconstruction. In

the following, the reconstruction of main objects in this analysis, including electrons,

muons, jets and Emiss
T , is described in more details.
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4.3.4 Reconstruction of electrons

Electron reconstruction is based on the hits in the tracker system and energy deposits

in the ECAL calorimeter. Electrons produced at the interaction point traverse about

two radiation lengths of material in the silicon layers of the pixel and the silicon

strip detectors before they reach the ECAL system. Due to their comparatively

low masses and in the presence of a strong magnetic field, they loose significant

amount of their energy by emitting bremsstrahlung photons. The path of electrons

is curved in the tracker region hence the radiated photons reach the ECAL along

the straight line tangent to the electron tracks leaving a spread of energy in the

azimuthal direction φ. This energy loss affect the path of election tracks and then

has to be taken into account during electron reconstruction. As already mentioned

in section 4.3.1, the object reconstruction is started by looking for related track

seeds as initial point of track reconstruction.

Two complementary algorithms at the track seeding stage are used in the elec-

tron reconstruction: the ECAL-driven algorithm [95] suitable for isolated high pT

electrons and the tracker-driven algorithm [92] which is optimised for low pT ones

and also those inside jets. The energy of the electron is deposited into a cluster of

ECAL crystals, while radiated photons are spread in the region with narrow width

in the η coordinate and much larger in φ, all together form superclusters. The

ECAL-driven algorithm starts by searching these superclusters which constructed

by summing energy depositions of the electrons. After that, the positions of these

superclusters are propagated backwards towards the most inner layer of the pixel

detector, used two hits in the tracker region and construct the seeds for possible

electron tracks.

Unlike the ECAL-driven method, the tracker-driven seeding algorithm starts

from the reconstructed tracks in the inner layers of tracking system which compatible

with the electron particle hypothesis. By extrapolating the selected electron tracks

from tracker layers to the ECAL, the energy deposits of bremsstrahlung photons as

clusters are estimated. Finally, if the ratio between the energy of the cluster and the

track momentum is close to unity, then related track is used as seed for the electron

reconstruction.

The energy loss distribution of a charged particle traversing a thin layer of

material is Gaussian while in presence of bremsstrahlung photon emission, the shape

is varied and well described by a Gaussian mixture. To take into account this

effect, a non-linear generalization of the Kalman filter, Gaussian Sum Filter (GSF)

[96] algorithm has been used. In the GSF method, the energy loss distribution is

described by a weighted sum of Gaussian distributions rather than a single Gaussian

one. After seed determination, the electron tracks are reconstructed using the hits
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in the tracker and modelling the energy loss of electrons by fitting with the GSF

algorithm. In this method, a straight line in the direction of the GSF track is

extrapolated until the outermost tracker layer is reached. In the case of linking

between this straight line with the ECAL cluster, the amount of cluster energy is

taken into account as the total electron energy.

4.3.5 Reconstruction of muons

Muons as minimum ionizing particles traverse through the whole detector, loose

only little of their energy in the calorimeters and producing hits in the different

muon detectors. Due to this unique property, muon is one of the objects which

reconstruct easier with high precision. Muons can be reconstructed both as tracks

in the tracking system and hits in the four layers of the muon chambers [97]. Three

different ways, based on independent reconstruction of tracks in the tracking system

and the muon chambers, have been developed in CMS to identify and reconstruct

muon candidates.

• Standalone muons: Muons which are reconstructed using only the information

on the hits in the muon subdetectors. To reconstruct such muons, firstly

hits within each DT and CSC chambers construct track segments. These

track segments from the innermost chambers of muon system generate seeds

which are starting point of muon track reconstruction. As already explained

in section 4.3.1, the Kalman Filter technique is used here to propagate these

tracks outwards to the layer surface of the next chamber. The track segments

in the outer layer are compared with the extrapolated muon trajectory until

the outermost chamber is reached. In order to estimate track parameters, the

same Kalman Filter is applied in backward direction, working from outside to

inner chambers.

• Global muons: Muons that are reconstructed by combined information of

muon and tracking systems. This most common technique starts with the

defined standalone muons, matches these tracks to the trajectories of muon

candidates in the tracker and combines them in a fit procedure to construct

a global muon track. To do the matching, a rectangular η − φ region around

the stand-alone track is defined and select the tracker track which has the best

compatibility with the standalone candidate in position and momentum. The

energy loss and the multiple scattering in the calorimeter materials are also

taken into account in this matching procedure. In the case of finding matched

muon tracks, the global muon track is fitted based on the Kalman filter tech-

nique by using the hit information from both of tracker and standalone tracks.

Details of the matching and fit approach can be found in [64].
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• Tracker muons: Muons which are reconstructed using only tracker information.

Instead of the outside-in method applied in the global muon reconstruction,

the inside-out approach in the reverse flow is also used by matching tracker

tracks to at least one segment of hits in the muon chambers. In this approach,

reconstructed tracks in the tracking system with the transverse momentum of

pT > 2.5 GeV are extrapolate to the muon system with similar method used

to reconstruct standalone muons. Finally, a tracker muon is identified if there

is at least one finding segment in the muon chambers which matches with the

extrapolated track without any fit procedure between the subdetectors.

Reconstructed muons with low pT have a better efficiency in the tracker muon

approach, while for high energy muon candidates with pT > 200 GeV, the global

muon method leads to higher momentum resolution. Totally, by using some data

samples, the muon identification and reconstruction efficiency has been obtained

larger than 98% for muons with pT > 5 GeV [97].

4.3.6 Reconstruction of jets

As was described in section 1.2.3, due to the QCD confinement effect, color partons

can not be observed as free particles in collisions but they can hadronize into streams

of colorless hadrons known as jets. These jets can be detected in the form of energy

deposits in the calorimetry systems, so that total energy of them is determined as

sum of deposited energy in the ECAL and the HCAL subdetectors. Since jets are

collections of resulting particles from the hadronization, then to reconstruct them

first of all it is necessary to identify all of their constituents. In this analysis, this is

accomplished with good precision by the PF algorithm. Then to construct jets from

combination of constituent particles, a jet clustering algorithm is applied. In these

algorithms, jets can be considered as collections of physical objects like simulated

partons, generated stable particles after hadronization and decay or detector objects

like calorimeter entries.

In order to have compatible results with theory calculations, each jet cluster

algorithm has to be passed some requirements such as infrared safety and collinear

safety. The output of jet clustering algorithm is infrared safe, if the number of

constructed jets is stable against additional soft radiation. The collinear safety is

achieved if the algorithm output does not change under the splitting of one particle

into two collinear particles with the same four momentum vector in total. There

is a large variety of jet clustering algorithms which are subdivided into two main

categories, the cone algorithms [98] and the sequential clustering algorithms like the

kT [99], the Cambridge/Aachen [100] and the anti-kT [101]. In the CMS experiment

as well as this analysis, the anti-kT as a special case of the sequential clustering
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algorithms is used.

Sequential clustering algorithms

Successive clustering algorithms work by defining a cluster of particles based on

measured distances between any pair of entities and also beam distance for each

object. To do that, distance between two objects i and j, dij, as well as distance

between object i and the beam axis, diB are defined as:

dij = min
{
k2p
Ti
, k2p

Tj

} ∆2
ij

R2
,

diB = k2p
Ti
,

(4.1)

where kT is the transverse momentum of objects, ∆2
ij = (ηi − ηj)

2 + (φi − φj)
2 is the

distance between two objects i and j in the η − φ plane and R is a radius parameter

defining a characteristic size of the jet. The parameter p in this formula determines

three different algorithms, when this parameter equals to +1, the kT algorithm is

reproduced, the p = 0 corresponds to the Cambridge/Aachen algorithm, and finally

the case of p = −1 gives to the anti-kT one.

At the first step, all the distances described above are calculated. If the minimal

value of all found distances is between two objects, they are merged to a new object,

while the original objects are removed from the list of jet’s constituents. This proce-

dure is repeated until the smallest distance in the event becomes a distance between

one object and the beam. In this case, the corresponding object is considered as a

reconstructed jets and is removed from the list of entities. When no more objects

are remained, this process is finished. These algorithms comply the infrared and

the collinear safety requirements. Also the anti-kT algorithm as a special case, differ

from other algorithms due to producing conical jets around entities with the largest

transverse momentum.

In order to obtain four momenta of the jets in this analysis, the recombination

scheme E is used. In the E scheme, four momentum of each jet is calculated by the

combination of the four momenta of it’s constituents. However, the measured four

momenta of reconstructed jets are differ from the obtained from the generated jets

on truth level. The main sources of this difference are the non linear calorimeter

response to particles, the additional energy deposits caused by particles outside

the jet cone or pileup events and the detector imperfections like it’s limited energy

resolution and small dead channels without any signal. To correct these effects, the

Jet Energy Scale (JES) corrections [102] are applied after the jet reconstruction.
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Jet energy corrections

In order to correct jets energy due to the non-linearity response of the calorimeters,

a series of Jet energy corrections (JECs) have been developed in the CMS. The

detector response is estimated by taking information of jet transverse momentum

distributions at the generator and reconstruction levels. The CMS experiment uses

factorized corrections into sequential steps, where each of them corrects for a specific

set of effects. Each of these corrections is a scale factor of the jet four momentum

which depends on jet related quantities such as pT, η and flavour. A set of JECs

used within this analysis is illustrated in Figure 4.2.

Figure 4.2: Illustration of all steps in the CMS jet energy correction scheme.

The main corrections can be categorized into following steps:

• L1FastJet: This correction is applied to remove additional measured energy

which does not belong to the hard process and comes from pileup events.

Such energy contributions increase the measured jet energies which have to

be estimated and subtracted from the jet energy. In order to correct this

effect, the FastJet [103] corrections are applied. To do that, a large number

of soft ghost particles are injected into the event without changing properties

of the hard jets. Each updated jets is reconstructed by using the anti− kT

algorithm. Then the average of pT density per effective area in the event, ρ,

can be determined from the median of pi
T/A

i where i loops over all jets in the

event. Now, the corrected energy of each jet can be calculated by subtracting

the part of the underlying hadronic activity corresponding to the jet size.

• L2Relative: The inhomogeneous calorimeter layouts in the η direction lead to

non-linear η-dependent response of the calorimeters. The aim of this correction

is to ensure a homogeneous response of the calorimeter systems over the entire

angular region. It is achieved by applying correction factor as a function of η

on the jets so that energy response of jets at any η value perform the same

relative to a jet in the homogeneous |η| < 1.3 region.

• L3Absolute: Like previous correction, the response of calorimeters is also non-

linear with respect to the transverse momentum of the jets. The goal of
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absolute JEC is to transform the measured jet energy into the energy corre-

sponding to the true value of particle jet. This correction is pT-dependent

which designed to make a uniform calorimeter response with respect to the pT

value of the jet. These L2Relative and L3Absolute scale factors are derived

from simulation events independent of selected criteria but applied on both of

simulated and data events.

• L2L3Residual: As already mentioned, the last two corrections are purely de-

termined from the simulation and applied on the data and simulation simulta-

neously. However since these corrections are completely based on simulation

and the data does not behave exactly like the simulation, therefore additional

data-driven corrections are needed to be applied to the data. These correc-

tions are called L2L3Residual which correct for remaining differences between

data and simulation in the η (L2) and pT (L3) phase space.

In addition to described correction factors, some other optional corrections also

exist. These corrections include making the jet response uniform with respect to the

electromagnetic energy fraction, taking into account response dependency on the jet

flavour and effects due to the underlying event, and also parton jet corrections which

try to correct back to the parton level. However, in this analysis, those additional

corrections have not been applied.

Jet energy resolution

In addition to corrections introduced in the previous part, the energy or transverse

momentum of reconstructed jets have to be corrected based on the fact that the

resolution of the jet transverse momentum is worse in data than in simulation.

The ratio of the measured resolution in data to the resolution in simulation can be

determined using the pT balancing in QCD dijet events [102]. The simulated events

are corrected with this η-dependent scale factors to make a better matching with

the data ones. To do that, the energy and momenta of reconstructed PF jets are

compared with the corresponding generator level jets, the smearing scale factors are

extracted and applied on the energy and momenta of these PF jets.

4.3.7 b-tagging

Since each tt̄ event has two b-quarks in the final state, identifying the b jets is a pow-

erful tool to select signal events among multiple background processes. An efficient

separation between b and non-b jets plays a crucial role in the event reconstruction

for many analysis which contain tt̄ in the final state, as well as this analysis. As

written before, the outgoing b-quarks hadronize into B hadrons before decaying to
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light quarks. These hadrons decay to lighter ones via the electroweak interaction,

with the relatively large lifetimes τB ≈ O(ps). Therefore they travel typically a few

hundreds of micrometres from the primary vertex in the detector before decaying

into lighter particles. This gives the possibility to tag the b jet with the help of

displaced tracks which are not originating from the primary collision vertex but

from a secondary displaced vertex. A schematic overview of a b jet with the related

displaced tracks is shown in Figure 4.3.

Figure 4.3: The decay of a bound state b-hadron at a secondary vertex after
passing the flight distance of Lxy in the transverse plane, taken from [104]. The
displaced tracks have a large impact parameter d0 with respect to the primary
vertex.

The displaced tracks are measured in the detector, extrapolated back and formed

a secondary vertex. Finally the b jets are identified by using reconstructed secondary

vertices and related track information. There is several b-tagging algorithms within

the CMS software, to tag the b jets from other types of jets [105]. All of these

methods trying to keep the b jet identification efficiency high while the mistag rate

(the probability to tag a light parton as a b jet) should remain as low as possible.

One group of them such as Track Counting High Efficiency (TCHE) and Track

Counting High Purity (TCHP), exploits the impact parameter significance, d0/σd0 ,

as a discriminating variable between b jets and light jets. Other group like Simple

Secondary Vertex (SSV) and Combined Secondary Vertex (CSV) algorithms gives

the possibility to tag the b jet by looking for the presence of a secondary vertex.

The b-tagging algorithm used in this analysis, is the CSV algorithm which com-

bines information from the secondary vertex and track impact parameter to give

the best possible discriminator. As a first step of this algorithm, the secondary

vertex is reconstructed as a common intersection point of associated tracks to the
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related jet. In the next step, some quantities like the flight distance significance in

the transverse plane (Lxy/σLxy), the mass of the secondary vertex and number of

tracks associated to the vertex are combined in the MVA approach to form a single

discriminating variable. While the SSV tagger can only tag jets with vertices, jets

with no secondary vertex can still be constructed in the CSV algorithm by creating

”pseudo vertex” based on tracks with d0/σd0 > 2.0. Even in the case of not finding

”pseudo vertex”, the CSV algorithm works with the help of track-based variables.

CMS supports three working points for this algorithm as loose (L), medium (M)

and tight (T) with different b-tagging efficiencies and mistag rates. Generally, the

b-tagging efficiencies are about 85%, 65% and 50% with corresponding mistag rates

of 10%, 1% and 0.1% for loose, medium and tight working points, respectively.

These efficiencies are different for data and simulation, then in order to cor-

rect the differences, the extracted b-tag efficiency scale factor has to be applied to

simulated samples. This scale factor is derived as a ratio of b-tagging efficiencies

based on the pT for data and simulation events. The used method in this analysis

to extract b-tag efficiencies and scale factor is explained in section 5.3.3 In Figure

4.4, the b-tagging efficiencies for data and MC as well as b-tag efficiency scale factor

as a function of b-tag discriminator are shown.
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Figure 4.4: b-tag efficiencies in data and simulation as well as related scale
factor as a function of the discriminator threshold for the CSV algorithm taken
from [106]. The arrows indicate the standard operating working points.

4.3.8 Missing transverse energy

As mentioned earlier, in the case of dileptonic decay of tt̄ system, each of the W

boson decays into a lepton and undetectable corresponding neutrino. While these
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neutrinos escape from the detector without any sensible interaction with matter,

they can be detected indirectly for each event as a total missing transverse energy.

In collider machines like the LHC, flight directions of the colliding protons are

parallel to the beam axis in the interaction point. As partons carrying only a fraction

of the protons momenta, momentum conservation forces only the transverse part of

momentum to be zero in each event, while the third component is not under any

constraint. Due to momentum conservation in the transverse plane, any imbalance

in the vector sum of all measured transverse energy is called the missing transverse

energy, which used to infer the presence of neutrinos. Then the missing transverse

energy is defined by taking the negative vectorial sum of all reconstructed particles

in the event, given by:

~E/
raw

T = −
N∑
i=1

(Ei sin θi cosφix̂+ Ei sin θi sinφiŷ), (4.2)

where the sum runs over all of reconstructed objects and Ei is the deposit energy in

the calorimeter tower for ith of particle. Once all of the objects are reconstructed

by the PF algorithm, the resulting Emiss
T is also calculated as PF object.

In order to get a true value at the end, several corrections are applied during it’s

computation [107]. For instance, in the above equation, uncorrected jets are used to

calculate Emiss
T , while it seems necessary to propagate the effect of described JEC to

the missing transverse energy. To avoid large JEC uncertainties for low pT jets, this

correction is only applied on jets with pT > 10 GeV. The effect of this correction

can be written as:

~E/
corr

T = ~E/
raw

T −
Njets∑
i=1

( ~pcorrT,i − ~prawT,i ). (4.3)

An other correction is related to the muons, since they deposit only a small

amount of their energy in the calorimeters, the pT values after subtracting little

energy loss contribution, have to be added to the summation in equation 4.2. To

make precise measurement on electron energy in the ECAL environment, electron

contribution in the missing transverse energy computation, does not need to be

corrected. The energy correction coming from jets and muons are referred to as

Type-I correction.

In addition to the Type-I correction, there is also some other corrections from

undetected particles escaping the detector close to the beamline, detector malfunc-

tions, pileup and underlying events. Optional Type-II correction takes into account

effects from pileup and underlying event but it is not recommended to use for the

PF object. In this analysis, the missing transverse energy was reconstructed using

the PF algorithm with the Type-I corrections.



Chapter 5

Event selection and background

estimation

In the previous chapter, the tt̄ object reconstruction was introduced with the iden-

tification criteria included for each object. In order to select events that contains

tt̄ final state, in addition to select interesting objects, several additional quality

criteria are needed at the event reconstruction level. The goal of applying event

selection criteria is to choose a sample of events which is enriched in tt̄ and contains

a reasonable statistics.

At the first step of event selection, samples of data and MC are needed. A brief

description of datasets and MC signal and background simulation samples is given

in section 5.1. In section 5.2, the optimising cuts recommended by the CMS Top

physics group to select the signal events are introduced. These selection criteria

are applied on simulation and data in order to maximize the signal-to-background

ratio (S/B). As mentioned before, the event selection efficiencies and resolutions are

different for data and simulated events. In order to make a correct interpretation, the

effects of these efficiencies have to be taken into account (see section 5.3). Since there

are many background processes with the same final state, the precise estimation of

their contributions is an important topic in this analysis. The data driven estimation

of main background source, Drell-Yan, is presented in section 5.4. A set of Data-MC

comparison control plots for different kinematic observables are shown in section 5.5.

The subject of this analysis is the measurement of the W boson polarization in

the top quark decay by using the cosine of the charged lepton emission angle θ∗l in

the W boson rest frame. To obtain θ∗l and extract W boson helicity fractions, the

full kinematic reconstruction of tt̄ events is performed in section 5.6. In the presence

of the neutrino and anti-neutrino at the final state, several ambiguities are found.

The performance of tt̄ reconstruction method as well as the comparison between the

data and the MC prediction are presented in section 5.7. In this analysis, the fit re-

weighting technique is used to extract the W boson helicity fractions from the cos θ∗l

81
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distribution, see section 5.8. In order to validate the fitting method for any possible

biases in the results and also related uncertainties, several tests are performed which

will be discussed in section 5.9. The whole procedure of this analysis with more

details can be found in the related analysis note and the public PAS [43, 108].

5.1 Data and Monte Carlo samples

The used datasets for this analysis were recorded with the CMS experiment in

proton-proton collisions at the center-of-mass energy of 8 TeV. The data taking

is divided into some small time intervals, called luminosity blocks. These blocks

are used if they are collected during periods in which the LHC circulating stable

colliding beams. The total integrated luminosity for 2012 corresponds to 19.7 fb−1.

The full list of datasets with their corresponding integrated luminosities are shown

in table 5.1.

Table 5.1: Summary of datasets with sample name and corresponding integrated
luminosities.

Dataset Dataset Name Lint(pb−1)

Run2012A ee /DoubleElectron/Run2012A-13Jul2012-v1/AOD 810
Run2012A ee EcalRecovery /DoubleElectron/Run2012A-recover-06Aug2012-v1/AOD 82

Run2012B ee /DoubleElectron/Run2012B-13Jul2012-v1/AOD 4404
Run2012C ee /DoubleElectron/Run2012C-13Jul2012-v1/AOD 6941
Run2012D ee /DoubleElectron/Run2012D-13Jul2012-v1/AOD 7273

The analysis presented here is based on the DoubleElectron primary datasets

which contains the events passed through di-electron triggers at the HLT (see section

5.2.1).

Monte Carlo simulation samples are essential tools in each high energy particle

physics analysis. They are used to optimize selection procedure, to determine the

signal acceptance and to evaluate the contribution from background processes. For

specific physics analysis, the corresponding Monte Carlo simulation samples, based

on the similar structure as the raw data, are produced. As described before in section

4.1, after event generation, the generated samples are processed with the GEANT4

detector simulation package and finally reconstructed and passed through the same

analysis chain as the data. In order to get realistic simulated events comparable to

the data, the output of the simulation chain is presented in an identical format to

the real data. For this analysis, simulated samples containing tt̄ signal, backgrounds

and the ones for systematic variation studies, have been generated.

The standard top quark pair sample is created by the leading order (LO) MAD-

GRAPH 5.1.48 [85] event generator scaled to the NLO, using PYTHIA 6.426 [86] for

hadronization and showering processes. The tt̄ simulated events are also interfaced
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with Tauola [109] for the τ decay modelling. For the generation of the SM signal

sample, top mass is fixed to 172.5 GeV/c2 [110], also the W boson helicity fractions

are set to the nominal values of the SM predictions. The parton distribution function

(PDF) used here to describe parton structure is CTEQ6L1 [111]. The theoretical

top pair production cross section normalized to the next-to-next-to-leading order

(NNLO) is approximated to be 252.9 ± 16.4 pb [112].

To make a precision physics measurement, a profound understanding of the

background contribution is necessary. The production of gauge bosons like W or Z

bosons with additional jets are the dominant background processes for the tt̄ events.

Both samples are simulated using the MADGRAPH generator. The Z+jets (Drell-

Yan) events are splitted in samples with low Z masses (10 GeV < Ml+l− < 50 GeV)

and samples with higher Z masses (Ml+l− > 50 GeV). Based on the decay prod-

ucts, Drell-Yan process can be categorized as ee, µµ and eµ through tau decays

(Z → τ+τ− → l+νlν̄τ l
−ν̄lντ ).

Other backgrounds come from electroweak single top quark productions in the

s-, t- and tW-channels are produced using POWHEG, interfaced to PYTHIA 6.426

for parton showering and hadronization. Additional sources of background arise

from electroweak processes (WW, WZ and ZZ). While the WW sample was gener-

ated with MADGRAPH, the WZ and the ZZ were produced with PYTHIA 6.426.

Similarly, the QCD multijet processes are also hadronized with PYTHIA 6.426. The

probability to survive these events after applying tight event selections is very low,

then they do not play an important role in our study. A detailed list of all used sig-

nal and background MC simulation samples with their corresponding cross sections

are found in table 5.2.

The luminosity of simulated samples are re-weighted in order to make compati-

bility between MC and data. For systematic studies, additional MC samples are also

generated. These samples are produced based on different settings for parameters

such as factorisation scale, matching threshold, top quark masses and PDF values.

Table 5.3 gives a summary of utilized MC samples for systematic studies.

5.2 Event selection

As mentioned before, the final state of a tt̄ event in the di-electron channel is com-

posed of two oppositely charged electrons, two jets from b-quarks and large missing

Emiss
T due to presence of two undetected neutrinos. Then events with two high pT

isolated electrons, at least two b-jets and large missing transverse energy in the final

state are considered as signal, including those with τ leptons decaying into electrons.

The reconstruction and identification of individual objects are considered in differ-

ent sections of previous chapter. In addition to the described object identification,
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Table 5.2: Summary of signal and background simulated samples with corre-
sponding cross section of each processes.

Dataset Dataset Name Cross section (pb)

/TTJets FullLeptMGDecays 8TeV-madgraph-tauola/ 26.5
tt̄ /TTJets SemiLeptMGDecays 8TeV-madgraph-tauola/ 111.1

/TTJets HadronicMGDecays 8TeV-madgraph/ 115.3
/T t-channel TuneZ2star 8TeV-powheg-tauola/ 59.5

Single t /Tbar t-channel TuneZ2star 8TeV-powheg-tauola/ 32.1
/T s-channel TuneZ2star 8TeV-powheg-tauola/ 4.5

/Tbar s-channel TuneZ2star 8TeV-powheg-tauola/ 2.1
tW /T tW-channel-DR TuneZ2star 8TeV-powheg-tauola/ 11.2
t̄W /Tbar tW-channel-DR TuneZ2star 8TeV-powheg-tauola/ 11.2

WW /WWJetsTo2L2Nu TuneZ2star 8TeV-madgraph-tauola/ 5.8
WZ /WZ TuneZ2star 8TeV pythia6 tauola/ 22.4
ZZ /ZZ TuneZ2star 8TeV pythia6 tauola/ 9.0

W+jets /WJetsToLNu TuneZ2Star 8TeV-madgraph-tarball/ 37509.0
Z/γ∗ → l+l− /DYJetsToLL M-10To50filter 8TeV-madgraph/ 860.5
Z/γ∗ + jets /DYJetsToLL M-50 TuneZ2Star 8TeV-madgraph-tarball/ 3532.8

QCD EMenriched2030 /QCD Pt 20 30 EMEnriched TuneZ2star 8TeV pythia6/ 29148.6
QCD EMenriched3080 /QCD Pt 30 80 EMEnriched TuneZ2star 8TeV pythia6/ 4615893.0
QCD EMenriched80170 /QCD Pt 80 170 EMEnriched TuneZ2star 8TeV pythia6/ 183294.9
QCD MuEnrichedPt15 /QCD Pt 20 MuEnrichedPt 15 TuneZ2star 8TeV pythia6/ 134680.0

QCD BCtoE2030 /QCD Pt 20 30 BCtoE TuneZ2star 8TeV pythia6/ 167388 .0
QCD BCToE3080 /QCD Pt 30 80 BCtoE TuneZ2star 8TeV pythia6/ 167040.0
QCD BCToE80170 /QCD Pt 80 170 BCtoE TuneZ2star 8TeV pythia6/ 12981.9

Table 5.3: Summary of Monte Carlo samples used for systematic studies.

Dataset Dataset Name Cross section (pb)

/TTJets matchingup TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets matchingdown TuneZ2star 8TeV-madgraph-tauola/ 252.9

/TTJets scaleup TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets scaledown TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets mass161 5 TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets mass163 5 TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets mass166 5 TuneZ2star 8TeV-madgraph-tauola/ 252.9

tt̄ /TTJets mass169 5 TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets mass175 5 TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets mass178 5 TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets mass181 5 TuneZ2star 8TeV-madgraph-tauola/ 252.9
/TTJets mass184 5 TuneZ2star 8TeV-madgraph-tauola/ 252.9

/TTTo2L2Nu2B 8TeV-powheg-pythia6/ 252.9
/TT CT10 TuneZ2star 8TeV-powheg-tauola/ 252.9
/TT CT10 TuneZ2star 8TeV-powheg-tauola/ 252.9

/TT 8TeV-mcatnlo/ 252.9
/DYJetsToLL M-50 matchingup 8TeV-madgraph-tauola/ 3532.8

Z/γ∗ + jets /DYJetsToLL M-50 matchingdown 8TeV-madgraph/ 3532.8
/DYJetsToLL M-50 scaleup 8TeV-madgraph-tauola/ 3532.8

/DYJetsToLL M-50 scaledown 8TeV-madgraph-tauola/ 3532.8
/WJetsToLNu matchingup 8TeV-madgraph-tauola/ 37509.0

W+jets /WJetsToLNu matchingdown 8TeV-madgraph-tauola/ 37509.0
/WJetsToLNu scaleup 8TeV-madgraph-tauola/ 37509.0

/WJetsToLNu scaledown 8TeV-madgraph-tauola/ 37509.0
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in order to reduce as many background events and keep as many signal events as

possible, a set of requirements are also applied. These additional requirements for

objects and event selections are based on Top Physics Analysis Group (TopPAG)

recommendations for 2012 analysis [113]. In this section, the selection criteria for

each objects as well as tt̄ are briefly described.

5.2.1 Trigger selection

Before any event selection, a specific trigger is used to select events with two electrons

in the final state. The list of the triggers in data and simulated MC samples used

for di-electron channel is shown in table 5.4.

Table 5.4: Triggers used in data and simulation for di-electron channel.

Sample Channel Trigger path

Data Di-Electron HLT Ele17 CaloIdT CaloIsoVL TrkIdVL
Di-Electron TrkIsoVL Ele8 CaloIdT CaloIsoVL TrkIdVL TrkIsoVL v*

MC Di-Electron HLT Ele17 CaloIdT CaloIsoVL TrkIdVL
Di-Electron TrkIsoVL Ele8 CaloIdT CaloIsoVL TrkIdVL TrkIsoVL v17

For di-electron channel, selected electrons must be matched to the mentioned

trigger paths with pT threshold of 17 GeV/c and 8 GeV/c for the leading and sub-

leading electrons, respectively.

5.2.2 Event cleaning

Once an event passes the trigger selection, the triggered events must have at least

one good primary vertex. In order to ensure the events originated from the collision

and to reject the non-collision scraping events, only mentioned primary vertices with

at least 10 high purity tracks are considered. These high purity tracks are selected

by requiring χ2/Ndof > 4. In addition to above condition, the selected primary

vertices must satisfy the following criteria:

• The maximum longitudinal distance from the PV to the nominal interaction

point is 24 cm, |z| < 24 cm.

• The radial distance from the PV to the nominal interaction point is less than

2 cm, ρ < 2 cm.

In the case of no leading vertex satisfying these criteria, the event is dropped form

the analysis. The good vertices are sorted according to a decreasing sum of the p2
T,

where pT is the transverse momentum of each track associated to studied vertex. If

more than one PV is found, the one with the highest
∑

p2
T is chosen.
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As discussed in section 4.1.4, by increasing the luminosity of the LHC machine,

multiple proton-proton collisions can occur, known as pileup effect. Pileup effects

result in additional energy deposits that affect the jet reconstruction and Emiss
T . The

contribution of charged hadrons from pileup events which do not come from the

primary vertex is subtracted event-by-event while neutral hadron contributions are

considered in the jet energy correction [102]. The number of reconstructed primary

vertices is affected by the pileup at the LHC with different values for data and MC

samples. The events of simulated samples are re-weighted such that the average

number of primary vertices was the same in data and MC. In figure 5.1, the number

of primary vertices in data and MC are compared for the case of before and after

applying pileup re-weighting procedure.
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Figure 5.1: Data and MC primary vertices distributions in the di-electron chan-
nel before (a) and after (b) pileup re-weighting. These plots are created after two
oppositely charged electrons requirement.

5.2.3 Electron selection

As described in section 4.3.4, the electron object is defined as a reconstructed en-

ergy deposits in the electromagnetic calorimeter associated to reconstructed tracks

in the tracker subdetectors. Starting from the trigger requirement, the reconstructed

offline candidate electrons have to pass additional selection cuts. In this analysis

the PF electron candidates are reconstructed by using the GSF algorithm [113].

Only electrons with at least one hit in more than one layer of the tracker system

are considered here. Reconstructed electrons are required to have a transverse mo-

mentum pT > 20 GeV/c and a pseudorapidity from the central part of the detector

|η| < 2.5. Moreover, the electron candidates with an ECAL supercluster in the

region of 1.4442 < |η| < 1.5660, corresponding to the gap between the barrel and

end-cap parts of the electromagnetic calorimeter, are not taken into account.
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For electrons, it is required that the transverse impact parameter of their tracks

with respect to the primary vertex is less than 0.04 cm. Furthermore, a multivari-

ate electron identification algorithm with selection cut of Multi-Variate Analysis

MVA > 0.5 is required as an optimal compromise between efficiency of electron

identification and rejection of fake candidate electrons.

In order to provide good separation between isolated electrons and jets, the

electron candidates have to pass isolation criteria, which means little energy flow is

found in the vicinity of the studied electron. This property is given by ρ corrected

relative isolation quantity, defined as the ratio of the sum of the charged, neutral and

photon isolation within a cone of ∆R =
√

(∆η)2 + (∆φ)2 < 0.3 around the electron

track over the pT of electron candidate:

REI =
(ICH +max(INH + Iγ − ρIso × Aeff (γ +NH), 0))

pT (e)
, (5.1)

where ICH and INH are sum pT of the charged and neutral hadrons, respectively. In

this equation, Iγ and Aeff denote sum ET of PF photons and values of effective areas

calculated on data derived from recommendation in reference [114]. The ρ corrected

relative isolation for electron candidate in this analysis is required to be less than

0.15.

Beyond electron requirements, additional electrons can also appear from the

conversions of photons which have to be rejected [115]. To do that, an electron

without any hit in the innermost tracker layer is rejected. The direction of electron

from photon conversion is parallel to the positron track at the decay point. In

the case of existence opposite curvature track with minimal distance less than 0.02

(|∆ cos θ| < 0.02 and dr−φ < 0.02), electron is considered to stem from a photon

conversion and is therefore rejected. Finally, in order to distinguish an electron from

a combination of a muon (which provides the track) and hadrons in the ECAL, we

require ∆ R > 0.1 between the electron and any global muon [116]. All electron

and positron candidates passing above requirements are considered in this analysis.

5.2.4 Jet selection and b-tag requirement

In section 4.3.6, jet clustering algorithms to reconstruct jet objects have been in-

troduced. In this analysis, the selected jets based on PF objects are reconstructed

with the anti-kT algorithm within a cone size of R = 0.5. The defined L1FastJet,

L2Relative, L3Absolute and L2L3Residual jet energy correction steps are also ap-

plied to the raw jet momenta (see section 4.3.6). Most of the jets decaying from tt̄

dilepton channels are generally central with high pT. The event selection requires

the presence of at least two jets with transverse momentum of pT > 30 GeV/c and

pseudorapidity of |η| < 2.4.
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In order to avoid contributions from misidentified photons, electrons, pions or

instrumental noise, some common identification requirements are applied to the se-

lected jets [117]. These additional selection criteria to identify loose jets contain:

neutral hadronic energy fraction < 0.99, charged hadronic energy fraction > 0, neu-

tral electromagnetic energy fraction < 0.99, charged electromagnetic energy fraction

< 0.99 and charged particle multiplicity > 0. Furthermore, in order to avoid double

counting, the jets overlapping with accepted electrons are removed if the distance

between the jet and each of two selected electrons is ∆ R < 0.5.

From the signal event topology, we request minimal number of two jets passing

selection criteria which at least two of them are tagged as b-jets. Since the top

quark decays into a W boson and a b quark, a b-tagging requirement is used to

improve the background rejection. Moreover, by using the b-tagging, the fraction

of properly reconstructed jets can be increased significantly. Within this analysis,

the Combined Secondary Vertex algorithm with the loose (CSVL) working point as

detailed in section 4.3.7 is used for b-jet identification. The output discriminator

value of bdisc > 0.244 corresponding to loose working point is applied to distinguish

between the b jet and other jets coming from light-flavor quarks or gluons. The

chosen working point gives b-tagging efficiency around 85%, while the probability

of a non-b-quark jet being mis-tagged is about 10% [118].

5.2.5 Missing transverse energy cut

The event missing transverse energy, Emiss
T is an observable in the transverse plane

which represents presence of two undetectable neutrinos. As defined before in section

4.3.8, the Emiss
T is constructed as the magnitude of the transverse momentum imbal-

ance, which is defined as a negative vectorial sum of the transverse momenta of all

the reconstructed particles (equation 4.2). In this analysis, the Emiss
T is reconstructed

using PF algorithm with Type I corrections, where the jet energy corrections from

PF jets are also propagated to the MET calculation.

Among the different backgrounds, two most important sources of backgrounds

are DY and QCD multijet. With no neutrinos in the final state, the contributions

of DY and QCD+jets are significantly reduced by requiring Emiss
T > 40 GeV.

5.2.6 tt̄ event selection

In this thesis, the final state of the di-electron tt̄ events is characterized by the

presence of two oppositely charged electrons, at least two b-tagged jets and miss-

ing transverse energy. In the case there are more than two electrons in events, the

electron-positron pair which maximize the sum of the transverse momenta, is con-

sidered as the best electron-positron candidate. Also when more than two b-tagged
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jets are exist, the two with the highest pT are selected.

Following the selection requirements of reconstructed objects, the selection of

event consists of a sequential cuts as follow:

• The suitable double electron trigger path is fired depending on the used data

taking periods.

• At least one well-defined primary vertex candidate reconstructed from at least

10 high purity tracks is required.

• Only events with two oppositely charged and isolated electrons are considered

in this study.

• In order to avoid the low mass resonances background region, the di-electron

invariant mass is required to satisfy Me−e+ > 20 GeV/c2.

• Additionally, to suppress backgrounds from Z+jets events in the di-electron

channel, events in the Z mass region of 76 < Me−e+ < 106 GeV/c2 are re-

jected.

• Events with at least two b-tagged jets, passing the jets selection criteria are

considered in this study.

• Selected events in the e−e+ mode must satisfy MET cut by Emiss
T > 40 GeV.

• Events are required to pass the tt̄ reconstruction criteria, which will be de-

scribed in section 5.6.

5.3 Corrections to Monte Carlo events

The MC generators are not simulated with all effects that appear in data. To ac-

count for the observed differences between data and simulation, some data-to-MC

scale factors are applied on the simulated events. After introducing the pileup re-

weighting in section 5.2.2, the observed data still do not describe properly with the

MC simulation. As a consequence, in order to improve the data-MC agreement,

several scale factors from various sources of efficiencies like trigger, electron identi-

fication and isolation, as well as for the b-jet identification are applied to the MC

events.

These scale factors are obtained as a function of the transverse momentum

and pseudorapidity of the related objects. Introduced efficiencies are explained

in the following, while other corrections related to the jet object, like jet energy

resolution and jet energy corrections are studied in sections 4.3.6. After applying

all corrections, it is found that the transverse momentum distribution of the top
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quark in the data is softer than the one in the simulation [119, 120]. To solve this

inconsistency, a new scale factor will be introduced in section 5.6.4, so that the

related distribution in the simulation is re-weighted to match the data.

5.3.1 Trigger efficiency

The trigger efficiency is measured using triggers that are only weakly correlated to

the di-electron triggers and counts the number of such events passing and failing the

di-electron trigger selection, as described in [121]. The advantage of this method

is that the applied electron definition is identical to the one used for the event

selection. In this section, the principles of this method to estimate the di-electron

trigger selection efficiency as well as trigger efficiency scale factor are summarized.

First, we determine a series of cross triggers which are weakly correlated with

the di-electron trigger. Second, the number of events passing the cross triggers and

the tt̄ di-electron event selection are counted, as NXtrig. Similarly, the number of

events NXtrig & e−e+trig which pass the cross trigger, the tt̄ di-electron selection and the

di-electron trigger selection are numerated. Third, the di-electron trigger efficiency

in the data is given by:

εtrigger =
NXtrig& e−e+trig

NXtrig

. (5.2)

Since the MET triggers are found to be weakly correlated with the di-electron trigger,

the missing transverse energy based datasets were used as the cross triggers. This

method produces a large enough number of di-electron events so that the statistical

uncertainty keep below 1%.

The trigger efficiencies are calculated for different period of datasets separately,

combined by weighting factors based on the corresponding luminosities. The trigger

efficiency scale factor is derived by dividing efficiency in data by MC. The global

trigger scale factors, as well as their uncertainties, is given in reference [121] for the

different selection steps. From these results, it can be concluded that the trigger SFs

are compatible for different steps within the quoted uncertainty. In this analysis,

the scale factor measured for events after the requirement of two oppositely charged

isolated electrons is chosen to apply to MC simulation events. The trigger efficiency

can be parametrized for any binning of kinematic variables. A dependency of trig-

ger efficiencies for data and MC as well as resulting scale factor on the transverse

momentum and pseudorapidity of the leading electron are shown in figure 5.2.

In general, within the uncertainties, the derived scale factor is stable around

97% ± 1% with respect to the electron transverse momentum. Only a small de-

pendency on the electron pseudorapidity is observed, therefore the scale factors are

determined and applied to the simulations in bins of η. Figure 5.3 shows the trigger
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Figure 5.2: Di-electron trigger efficiency as a function of electron pT (left) and
η (right), for data (black circles) and MC (red triangles) and correction factor
(green diamonds), taken from [121].
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Figure 5.3: Scale factor for the di-electron trigger as a function of leading
electron η (x-axis) and second leading electron η (y-axis), taken from [121].

5.3.2 Electron identification and isolation efficiencies

The efficiencies for electron identification and isolation are measured separately using

a tag and probe method, following a simple cut and count approach [121]. In

order to make a precise efficiency measurement, a sample of high purity leptons

from Z processes with clean decay mode is chosen. Oppositely charged di-electron

candidates from decay of the Z bosons, known as tag and probe electrons, are

considered here to estimate the efficiency. The invariant mass of the tag and probe
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electron candidates fall in the range of 76 < Me−e+ < 106 GeV/c2. In this analysis,

the electron selection, isolation and identification criteria are applied to identify

tagged electrons. Tagged electrons are matched to the electrons passing through

the high level trigger path. For the probe electron, the applied selection criteria

depend on the selected efficiency. In fact, the electron identification and isolation

efficiencies are calculated by measuring the ratio of di-electron candidates with and

without applied selection cut on the related probe electrons.

The identification efficiency is estimated as the number of probe electrons pass-

ing the complete selection criteria except for the isolation cuts over the total number

of probe electrons without passing any requirements. The isolation efficiency is de-

fined as the ratio of electrons passing identification and isolation cuts to the total

number of electrons passing only identification requirements. The electron identifi-

cation and isolation scale factors are also obtained as ratios of related efficiencies in

data to Drell-Yan:

SFId,Iso =
εdataId,Iso

εDYId,Iso
. (5.3)

The electron identification and isolation efficiencies as well as related scale factors

are presented in terms of the electron transverse momentum pT and pseudorapidity

η in figure 5.4 and 5.5, respectively.
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Figure 5.4: Identification (left) and isolation (right) efficiencies for a loose elec-
tron in terms of transverse momentum. Black circles correspond to efficiency
from data, red triangles to efficiency from the DY MC and green diamonds to the
scale factor, taken from [121].

By multiplying these two scale factors, the global electron scale factor is obtained

to be around 98% ± 1%. In addition to the mentioned statistical uncertainty, an

additional 1% flat systematic uncertainty will be also considered, to account for

possible differences between Z and tt̄ event kinematics. Figure 5.6 shows the global
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5.3.3 B-tagging efficiency and scale factor

The b-tagging algorithm in section 4.3.7 performs differently on recorded data and

simulated events. The b-tagging efficiency procedure follows the recommendation

of the BTV POG group [122]. The b-jet and mis-tag efficiencies are estimated from

the MC prediction. The mis-tag means that a c-jet or light-flavour is identified
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as a b-jet. To estimate b-tagging efficiency per event, the efficiencies per jets are

calculated separately for each b, c and light flavours as a function of pT and |η| of the

jet from the tt̄ sample with no b-jet requirement. The efficiency for each jet flavour

is defined by counting the number of jets with studied flavour, identified as a b-jet

passing CSVL tagger cut divided by the total number of jets with corresponding

flavour:

εf (i, j) =
N b−tagged
f (i, j)

NTotal
f (i, j)

, (5.4)

where subscript f is jet flavour obtained from the MC truth jet flavour information.

The (i, j) denotes bin index in the (pT, η) phase space. The resulting efficiencies for

b, c and light-flavour jets derived from the tt̄ signal sample are shown in figure 5.7.
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Figure 5.7: The pT − η dependent efficiencies for b (top-left), c (top-right) and
light flavour jets (bottom) in the di-electron channel.

In order to calculate b-tagging efficiencies per event, the corrected b-jet identifi-

cation efficiencies are also defined by applying the provided SFs for each individual

jet flavours as εcorr
f = SFf × εf . In our study, individual jet flavour scale factors are

provided by BTV group as a function of the jet pT from 20 to 800 GeV/c and jet

|η| < 2.4 using QCD enriched dataset [123]. In this analysis, the method 1-a de-

scribed in reference [122] is used to extract the b-tagging efficiencies per event. In

this approach, the b-tagging efficiencies per jet are translated to event probabilities
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for MC and data, written as:

P (MC) =
∏

i=tagged

εi
∏

j=non−tagged

(1− εj),

P (Data) =
∏

i=tagged

εcorri

∏
j=non−tagged

(1− εcorrj ).
(5.5)

The final form of the b-tagging scale factor per event is extracted as ratio of event

probabilities:

SFb−tag =
P (Data)

P (MC)
. (5.6)

From this formula, the scale factors are parametrised as a function of pT and η of the

constituent jets for the kinematic range of pT = 20− 800 GeV/c and |η| < 2.4. In

the measurements, it is estimated that the SF for the b-jet identification efficiency

to be around 0.98.

5.4 Drell-Yan background estimation

One source of background contribution comes from W+jets and QCD multi-jet

processes that contain misidentified non-isolated electrons, known as the fake elec-

tron background. The contribution from these sources are well suppressed after

requesting two isolated electrons and b-tagged jets. As mentioned before, the main

background source in the di-electron channel is the Drell-Yan (Z/γ∗ → e−e+) which

produced with associated jets and large Emiss
T due to resolutions effects.

By applying event selection criteria, discussed in section 5.2.6, especially requir-

ing MET cut and excluding Z boson mass window, the contribution of Drell-Yan

background is reduced significantly. However, a small fraction of such events with

large Emiss
T and di-electron invariant mass away from the Z boson mass window still

remain. Due to large uncertainties on the non-Gaussian Emiss
T tails and on the Z

boson multi-jet cross section, the proper modelling of remaining events is difficult.

Therefore, the contribution of Drell-Yan is estimated using the data driven method

described in the following, more details can be found in [124].

First, two event regions corresponding to the inside and outside of the Z boson

mass window are defined as control and signal regions, respectively. Then a scale

factor from the control region is extracted, so that it makes the number of entries

in data and MC simulation to be equal in this region. This scale factor can be used

to normalize the simulation prediction in the signal region. Finally the estimated

number of Drell-Yan events in the signal region can be written as:
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NSR
DY = SFCR ×NSR

DY,MC ,

=
NCR
Data −NCR

Non−DY

NCR
DY,MC

×NSR
DY,MC ,

(5.7)

while NSR
DY denotes the number of estimated events in the signal region, NCR

DY,MC

represents the number of simulated ones in the control regions. The variable NCR
Non−DY

is the number of simulated events except ones from Drell-Yan contribution in the

control region. The parameter NCR
Data gives the number of observed events inside Z

boson mass window.

Non Drell-Yan background processes contributing to the Z boson mass win-

dow with a continuous distribution are estimated from data. This is achieved by

measuring the number of observed events in the control region for the eµ channel:

NCR
Non−DY =

1

2
kCRe−e+ ×NCR

Data,eµ. (5.8)

The constant k is the combinatoric factor to take into account the difference in

efficiency to reconstruct and to select an electron compared to a muon. This cor-

rection factor can be estimated from the number of di-electron and di-muon events

in the control region passing standard lepton and jet selection regardless of MET

requirement which can be expressed as:

kCRe−e+ =

√
NCR
Data,e−e+

NCR
Data,µ−µ+

. (5.9)

By substituting equation 5.8 in 5.7, the number of estimated Drell-Yan events in

signal region is written as:

NSR
DY =

(NCR
Data,e−e+ −

1
2
kCRe−e+ ×NCR

Data,eµ)

NCR
DY,MC

×NSR
DY,MC ,

= RSR
CR × (NCR

Data,e−e+ −
1

2
kCRe−e+ ×NCR

Data,eµ),

(5.10)

where RSR
CR = NSR

DY,MC/N
CR
DY,MC is the ratio of DY events in signal and control regions.

The number of observed and expected Drell-Yan events in the signal region and the

corresponding normalization scale factors at different levels of the event selection

are summarized in table 5.5.

The quoted uncertainties of the reported scale factors in table 5.5 are estimated

by taking into account the statistical fluctuation of the data in the control region.

The scale factor of Drell-Yan events for di-electron channel with two b-tagged jets

is found to be 1.24 ± 0.23.
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Table 5.5: Number of observed and expected Drell-Yan events in the signal re-
gion and related scale factors of the di-electron channel at different event selection
steps.

e−e+channel MC DY Estimated DY SF

> 2Jets + Emiss
T 2525.8 ± 77.8 3259.8 ± 108.9 1.29 ± 0.06

> 2Jets + Emiss
T + > 2b− tag 161.2 ± 20.5 200.5 ± 28.6 1.24 ± 0.23

5.5 Data-MC comparison

In order to check how well the simulation represents the distributions from data,

kinematic distributions of the selected physics objects in the simulated di-electron

tt̄ events are compared to the corresponding ones in data. The distributions ob-

tained from the MC are normalized according to their cross section values and the

data luminosity to the number of observed events in the data. To make a real

data-MC comparison, pileup re-weighting, jet smearing, electron identification and

isolation, trigger efficiency and b-tagging correction scale factors are applied to the

MC simulation events.

The following control plots are drawn after requiring at least two b-tagged jets

before reconstructing the final tt̄. In these plots, the tt̄ di-electron event topologies,

including those come from τ decays, are referred to as tt̄ signal, while other tt̄ events

contain semi-electron or full hadronic final state are considered as tt̄ other. The error

bands on the following distributions account only for the statistical uncertainty. The

kinematic properties of selected electrons, pT and η, are shown in figure 5.8.
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Figure 5.8: The electron pT (left) and η (right) distributions in the di-electron
channel after requesting two b-tagged jets. At this step, all of described correction
scale factors are applied on the MC simulation events.

In figure 5.9, the expected number of selected jets and the b-tagged jet multi-

plicity are displayed.
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Figure 5.9: The jet multiplicity (left) and b-tagged jet multiplicity (right) dis-
tributions in the di-electron channel after requesting two b-tagged jets. At this
step, all of described correction scale factors are applied on the MC simulation
events.

The comparison of the data and the MC for the transverse momentum of the

first and the second leading jets are presented in figure 5.10.
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Figure 5.10: The pT distributions for first (left) and second (right) leading jet
in the di-electron channel after requesting two b-tagged jets. At this step, all of
described correction scale factors are applied on the MC simulation events.

Figure 5.11, provides the di-electron invariant mass and the Emiss
T distributions.

One can clearly see from these distributions that a reasonable agreement be-

tween data and MC within the statistical fluctuations is obtained. The same com-

parison plots in combination of dileptonic channels can be found in appendix B.

The consistency between data and simulation allows to study the full kinematic tt̄

reconstruction which is the subject of the next section.
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Figure 5.11: The distributions of oppositely charged di-electron invariant mass
(left) and missing transverse energy (right) in the di-electron channel after re-
questing two b-tagged jets. At this step, all of described correction scale factors
are applied on the MC simulation events.

5.6 Full reconstruction of the tt̄ events

As discussed in the beginning of this chapter, the main parameter of this analysis

is the cos θ∗l . In order to define the cos θ∗l parameter, the four-momentum vector of

the W boson and the top quark are needed. Since these particles are not observed

directly, they are reconstructed from their decay products. To fully reconstruct tt̄

events, the four-momentum vector of electrons, jets and neutrinos as decay products

are measured.

During the full reconstruction of tt̄ events, several ambiguities can be occur, so

that solving these uncertainties is the hardest issue in our study. Although electrons

and b-jets are reconstructed precisely, the presence of two undetected neutrinos

is inferred by missing transverse energy, leading to an under-constrained system.

Another challenge is the lack of jet charge information which leads to two assignment

possibilities for reconstructed jets as the b and b̄ quarks. In this section, the method

to reconstruct tt̄ via solving these ambiguities will be discussed.

By assuming that only two undetectable neutrinos construct the missing trans-

verse energy, following two equations from the projections of MET in the transverse

plane are obtained:

(Emiss
T )x = px,ν + px,ν̄ ,

(Emiss
T )y = py,ν + py,ν̄ .

(5.11)

Additionally, the momenta of the two neutrinos are constrained by the four-momentum

vector conservations in the W boson and the top quark decay vertices:
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m2
W+ = (Ee+ + Eν)

2 − (px,e+ + px,ν)
2 − (py,e+ + py,ν)

2 − (pz,e+ + pz,ν)
2,

m2
W− = (Ee− + Eν̄)

2 − (px,e− + px,ν̄)
2 − (py,e− + py,ν̄)

2 − (pz,e− + pz,ν̄)
2,

(5.12)

m2
t = (Ee+ + Eν + Eb)

2 − (px,e+ + px,ν + px,b)
2

− (py,e+ + py,ν + py,b)
2 − (pz,e+ + pz,ν + pz,b)

2,

m2
t̄ = (Ee− + Eν̄ + Eb̄)

2 − (px,e− + px,ν̄ + px,b̄)
2

− (py,e− + py,ν̄ + py,b̄)
2 − (pz,e− + pz,ν̄ + pz,b̄)

2.

(5.13)

To solve above six non-linear equations, the masses of electrons and corresponding

neutrinos are neglected and the masses of the W boson, b and top quarks are

set to the nominal values used in the simulation. These non-linear equations can

be transformed into a fourth-order polynomial equation in terms of one neutrino

momentum component, written as [125]:

h0p
4
νx + h1p

3
νx + h2p

2
νx + h3pνx + h4 = 0, (5.14)

where the coefficients depend on the mass and the four-momentum vector of parti-

cles.

This system of equations has been solved analytically with a maximum four-fold

ambiguity in reference [125]. These six constraints on kinematic variables of particles

are implemented in a package suggested by the CMS physics group [126] to find the

neutrino and anti-neutrino momenta. In addition to the four-fold ambiguity, further

complications arise due to the lack of jet charge information. Thus, for any events

there are up to eight solutions for the neutrino and anti-neutrino momenta. In order

to select the best tt̄ candidate as a solver of the under constrained system, several

different approaches are available which will be discussed in the next section.

5.6.1 Minimum effective mass of tt̄ approach

The tt̄ event reconstruction in this method is conceptually straightforward and has

been used before in reference [127]. The four-momentum vector of input particles

contain the reconstructed electrons and jets as well missing transverse energy are

fed into this method without any smearing. Instead of using constant values for the

masses of the W bosons and the top quarks, these parameters are varied randomly

based on the relativistic Breit-Wigner distributions with the nominal simulated mean

and width quantities. By using non constant values for input mass parameters, the

number of events with one solution would be increased.

With the described conditions and fixing b-jet assignment, the solver can find up
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to four solutions for neutrinos momenta. The same procedure is repeated once again

for the other possible b-jet pairing and finally, up to eight solutions are obtained for

each input values of the W boson and the top quark masses. Among all possible

solutions, the neutrino solution is chosen according to a minimal invariant mass of

tt̄ system as the best candidate. The events are thrown from the rest of analysis, if

no solution is given from the solver package. More details on the minimum effective

mass method as well as output results can be found in [127].

5.6.2 Analytical Matrix Weighting Technique (AMWT)

In this analysis, to find a probable solution among possible ambiguities, the AMWT

method is used. This method has been already used within the CMS in other analysis

with the tt̄ dileptonic events [110, 128]. In this technique, in order to achieve good

resolution, each event is reconstructed assuming fixed values for the W bosons and

the top quarks equal to 80.41 GeV/c2 and 172.5 GeV/c2, respectively.

For a sizeable fraction of events, there is no solution found for values of input

particle momenta and missing transverse energy. In order to improve the efficiency

of this technique, the input variables of analytical solver contain electrons, b-jets,

and MET are smeared. For that, each event is reconstructed 300 times, each time

smearing factors are selected randomly according to the detector resolutions for

the relevant parameters. The smearing factors of pT, η and φ for reconstructed

particles are determined from the MC simulation matched to the corresponding

kinematic inputs at the truth level. The distributions of smearing factors for input

jet and MET observables in the MC signal sample are shown in figures 5.12 and

5.13, respectively.

As described before, for a given event smearing iteration, the resulting up to

eight solutions for the tt̄ kinematics can be found. In order to choose a preferred

b-jet assignment and the best top pair candidate, a proper weight based on the

probability of observing such a configuration is assigned for each of these solutions

[129]:

w( ~X|mt) = {
∑

Initial partons

F (x1)F (x2) } p(E∗e+|mt)p(E
∗
e− |mt), (5.15)

where the summation of parton distribution function F(x1,2) is performed over the

possible leading order initial parton states (uū, ūu, dd̄, d̄d, ss̄, s̄s, gg), and evaluated

at the scale of Q2 = m2
t . In this equation, x1, x2 indicate Bjorken values for the initial

parton states. The variable p(E∗e±|mt) denotes the probability density of observing

a charged electron with energy E∗e± in the rest frame of the top quark with mass mt,
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Figure 5.12: The extracted smear factors from detector resolution information
for jet pT (top-left), jet η (top-right) and jet φ (bottom).
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given by [129].

p(E∗e±|mt) =
4mtE

∗
e±(m2

t −m2
b)− 2mtE

∗
e±

(m2
t −m2

b)
2 +m2

W (m2
t −m2

b)− 2m4
W

. (5.16)

To achieve the best correct electron-jet combination, sum of weights for each

of b-jet assignment configurations is calculated and finally one with the highest

sum of weights is chosen as a correct assignment. By fixing the preferred b-jet

assignment, the best top pair candidate is selected as a solution with the highest

weight value among up to four possible solutions. This procedure is repeated 300

times for both of data and MC events and finally, the top quark three-momentum

vector is extracted by averaging over all found best top pair candidates. Afterwards,

the four-momentum vector of the top quark is obtained from the corresponding

three-momentum vector with the fixed value for the top quark mass. To determine

kinematics of other particles, similar averaged method with the corresponding mass

values is used.

The advantage of the AMWT method compared to the minimum effective mass

approach is that it suppresses possible biasses in kinematic variables by integrating

over smearing iterations. The bias study is performed by comparing kinematic

observables at the reconstruction level to the truth level for both of tt̄ reconstruction

methods. The results of one and two dimensional bias study for one of the important

parameter of the analysis, Mtt̄, are shown in figures 5.14 and 5.15.
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Figure 5.14: Bias study for the invariant mass of tt̄ system in one dimentional
for minimum effective mass (left) and AMWT (right) methods.

Despite applying smearing procedure to improve solver efficiency, cases with

no solution are also found approximately 10% and 13% of events in MC and data

samples, respectively. The events with no solution are not considered in the rest

of analysis. The solver efficiency is defined as the ratio of events with solution

to total events before tt̄ kinematic reconstruction step. These efficiencies in the
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Figure 5.15: Bias study for the invariant mass of tt̄ system in two dimentional
for minimum effective mass (left) and AMWT (right) methods.

MC simulation are compared to the data for different kinematic observables. To

compensate for the possible differences, solver scale factor is defined as the ratio

of solver efficiencies in data and MC. In figure 5.16, the solver efficiencies for both

data and simulated events as well as solver scale factors are shown as a function of

electron transverse momentum, pseudorapidity and jet multiplicity.

The data and MC solver efficiencies, and related scale factor independent of the

kinematic observables are listed in table 5.6.

Table 5.6: Data and MC efficiencies and also related scale factor for di-electron
channel.

Channel Data Solver Eff MC Solver Eff Solver SF

Di-Electron 0.86 0.89 0.97

5.6.3 Kinematics method

Another method to fully reconstruct the tt̄ events is known as kinematic top quark

reconstruction algorithm. This new method has been described with more details

in [120]. Similar to the AMWT method, while electrons, jets and MET are smeared

based on the information from detector resolution, the masses of the W bosons

and the top quarks are fixed to the nominal values. Instead of using the weight

function in the AMWT method to disambiguate the electron-jet combination, the

b-jet assignment with the largest sum of weights according to the expected invariant

mass of electron-jet pairs at the truth level is taken as a correct one. The Mlb

distribution estimated from the signal MC at particle level is shown in figure 5.17.

In this method, by fixing the correct b-jet assignment, the best tt̄ candidate
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Figure 5.16: Solver efficiencies of data and MC as well as extracted scale factors
for electron pT (top-left), electron η (top-right) and jet multiplicity (bottom).
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Figure 5.17: Distribution of Mlb at the truth level.
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among up to four ones is defined as the solution with the lowest value of top pair

invariant mass. To determine three and four-momentum vector of the top quark and

other kinematic observables, same approach to the AMWT technique is used here.

The same solver efficiencies and bias measurements are also done for this algorithm,

but in the rest of thesis, the results of the AMWT method are reported.

5.6.4 Top quark pT re-weighting

Despite applying described scale factors in section 5.3, CMS has observed that the

distribution of the top quark transverse momentum is softer in data than in MC sim-

ulation [130]. This inconsistency can be occur especially for the simulated samples

which are produced by the MADGRAPH-PYTHIA generator. The full explanation

about source of this discrepancy can be found in reference [131]. To correct this

effect, MC simulation events are re-weighted using the pT values of top and anti-

top quarks at the parton truth level. The form of re-weighting function is given as

following:

SFpT re−weighting =

√
SF (ptopT )× SF (panti−topT ), SF (pT ) = exp(0.156− 0.00137pT ).

(5.17)

This additional scale factor is applied in the simulation events for the top quark pT

and other distributions. In figure 5.18, the effect of the top quark pT re-weighting

is demonstrated by comparing the data-MC top quark pT distributions.
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Figure 5.18: Transverse momentum distributions of the top quark before (left)
and after (right) applying top pT re-weighting in the di-electron channel. All of
described correction scale factors are applied on the MC simulation events.

As can be seen, the agreement for the top quark pT variable is improved after

applying the top quark pT re-weighting scale factor.
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5.7 Event yield and control plots

The quality of the AMWT method is checked with the data-MC comparison re-

sults. The number of observed compared to the expected simulated events after

each consecutive selection steps are given in table 5.7.

Table 5.7: Number of events for each MC samples, data and total MC in different
steps of the di-electron channel. The statistical uncertainty on MC samples are
also included in this table.

e−e+ channel > 2 electrons > 2 jets MET > 2 b-tag tt̄

Diboson 4456.9 ± 21.4 352.9 ± 4.8 155.8 ± 3.7 10.3 ± 0.9 5.4 ± 0.6
Wjets 1102.9 ± 107.3 76.9 ± 28.8 44.5 ± 22.4 10.6 ± 10.6 10.3 ± 10.3
DY 542787 ± 1160.5 18605.4 ± 215.9 3821.8 ± 108.7 222.5 ± 26.8 150.8 ± 21.6
tW 1887.4 ± 30.4 653.0 ± 18.0 518.8 ± 16.1 193.4 ± 9.7 114.0 ± 7.3

SingleTop 22.8 ± 2.8 4.4 ± 1.3 3.5 ± 1.1 1.7 ± 0.8 0.2 ± 0.2
tt̄ other 98.4 ± 2.7 83.2 ± 2.5 58.8 ± 2.1 23.7 ± 1.3 17.9 ± 1.1
tt̄ signal 20004.7 ± 30.9 13598.1 ± 25.4 13598.1 ± 25.4 5761.4 ± 16.5 4997.6 ± 15.1

Sum MC 570361 ± 1166.5 33373.9 ± 220.1 15338.8 ± 114.5 6223.7± 34.7 5296.4 ± 29.3
Data 596122 ± 772.1 35896 ± 189.5 15311 ± 123.7 6437 ± 80.2 5490 ± 74.1

The MC simulation predicts that the contribution of tt̄ signal events is domi-

nated. The MC yields are normalized to the integrated luminosity of 19.7 fb−1 using

the cross section values from table 5.2. In this table, to make a better description of

the data by the MC, each MC events are weighted with the correction scale factors.

The comparison between data and MC simulation for the kinematic variables of W

bosons and top quarks are shown in figures 5.19 and 5.20. In the following figures,

the hatched areas correspond to the systematic uncertainty on the MC simulation

which will be explained in the next chapter.
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Figure 5.19: The transvere momentum (left) and rapidity (right) distributions
of the W bososn in the di-electron channel after full kinematic reconstruction of
tt̄ events. All described correction scale factors are applied on the MC simulation
events. The hatched areas show the systematic uncertainties on the MC events.
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Figure 5.20: The distributions of tt̄ invariant mass (left) and top rapidity (right)
in the di-electron channel after full kinematic reconstruction of tt̄ events. All
described correction scale factors are applied on the MC simulation events. The
hatched areas show the systematic uncertainties on the MC events.

In figure 5.21, the distributions of cos θ∗l for the di-electron and combination of

all dileptonic channels are presented.
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Figure 5.21: The distributions of cos θ∗l in the di-electron (left) and the combi-
nation of all channels (right) after full kinematic reconstruction of tt̄ events. All
described correction scale factors are applied on the MC simulation events. The
hatched areas show the systematic uncertainties on the MC events.

More distributions comparing data to MC for combination of all dileptonic chan-

nels can be found in appendix B. In general, after applying correction scale factors,

the simulation gives a good description of the shape of the data.
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5.8 Fit re-weighting method

The main goal of this analysis is to provide a precise measurement of the W boson

helicity fractions. This measurement at the reconstruction level is affected by the

top kinematic reconstruction, detector acceptance cuts and the detector resolution.

To take into account these effects accurately, the measurement of the W boson

helicity fractions are done at the generation or the truth level. The MC signal

events at the truth level are generated with the fixed SM values for the W boson

helicity fractions. In order to measure observed fractions with any possible values,

transition from truth level with the fixed values to the cases with the arbitrary

polarization fractions are necessary.

In this analysis, to account simultaneously both resolution effects and depen-

dency on the polarization fractions without any biased effects by the SM expecta-

tions, a fitting method according to re-weighting technique is used [41, 127, 132].

In this method, each MC signal events at the reconstruction level is re-weighted

by using the truth distribution of cos θ∗l . Since the other non signal samples are

not expected to provide sensitive effects, this re-weighting procedure has not been

applied on them. The new obtained cos θ∗l distribution for the MC signal sample

after being added to the expected backgrounds is fitted to the observed one by using

likelihood function.

In this section, the conceptual basic of the re-weighting method is explained with

more details. Due to detector effects, the observed distribution for each observables

is different from the one obtained in the truth level. The migration of events from

the true bins to the observed one is performed by introducing a response function,

calculated using MC information of the signal process. The mathematical expression

explains the relation between distributions of true quantity c in the parton level with

the measured quantity e written as [133]:

g(e) =

∫
P (e, c)f(c)dc, (5.18)

where, the P(e, c) is response function representing the migration probability from

true value (c) to the measured one (e). If defined distributions g(e) and f(c) represent

by histograms, the response function is moved to response matrix and also integral

is substituted by summation as:

Ei =
m∑
j=1

PijCj, i = 1, 2, ..., n. (5.19)

In this equation, E is a measured histogram with n elements and C stands for the

true distribution with m elements. The element Pij in the n×m response matrix

refers to the probability of the true value c in histogram bin j to the observe value
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e in histogram bin i.

This procedure is extended to the cos θ∗l variable by replacing distribution func-

tions to dΓ/d cos θ∗l = ρ(cos θ∗l ) as following:

ρ(cos θ∗e±,reco|~F Free) ∝
∫

d cos θ∗e±,gen ρ(cos θ∗e±,gen|~F Free)R(cos θ∗e±,gen, cos θ∗e±,reco),

(5.20)

where R(cos θ∗e±,gen, cos θ∗e±,reco) is the response matrix that transfers generated ob-

servable cos θ∗e±,gen to the reconstructed one cos θ∗e±,reco . As mentioned before, this

matrix includes all of the detector resolution, acceptance, inefficiencies as well as in-

trinsic biases from the top pair kinematic reconstruction. The function ρ(cos θ∗e±,gen|~F Free)

with free values for the W boson helicity fractions, can be expressed versus the same

parameter with the fixed SM W boson polarization values:

ρ(cos θ∗e±,gen|~F Free) =
ρFree(cos θ∗e±,gen)

ρSM(cos θ∗e±,gen)
× ρSM(cos θ∗e±,gen|~F ), (5.21)

where ρSM(cos θ∗e±,gen) is phase space density function for cos θ∗l variable at the truth

level, satisfying normalization constraint
∫

d cos θ∗e±,gen ρ
SM(cos θ∗e±,gen) = 1. By sub-

stituting above relation into equation 5.20, the following final form is obtained:

ρ(cos θ∗e±,reco|~F Free) ∝
∫

d cos θ∗e±,gen
ρFree(cos θ∗e±,gen)

ρSM(cos θ∗e±,gen)
ρ(cos θ∗e±,gen|~F SM)×

R(cos θ∗e±,gen, cos θ∗e,reco).

(5.22)

This equation can also be written in terms of binned histogram for tt̄ signal sample:

N reco
i (~F Free) ∝

m∑
j=1

Wj(cos θ∗e−e+,gen; ~F )N gen
j Rij(cos θ∗e±,gen, cos θ∗e±,reco). (5.23)

Here, index i and j denote to ith and jth bins of the cos θ∗l distributions at the

reconstruction and the truth levels, respectively. Since each event of tt̄ sample has

two tWb vertices, the weight Wj(cos θ∗e−e+,gen; ~F ) parameter can be expressed as:

Wj(cos θ∗e−e+,gen; ~F ) = Wj(cos θ∗e−,gen; ~F )×Wj(cos θ∗e+,gen; ~F ),

Wj(cos θ∗e±,gen; ~F ) =
ρFree(cos θ∗e±,gen)

ρSM(cos θ∗e±,gen)
.

(5.24)
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By using equation 1.60, weight function can be written as:

Wj(cos θ∗e±,gen; ~F ) =
3
8
(1− cos θ∗e±,gen)2F Free

L + 3
8
(1 + cos θ∗e±,gen)2F Free

R + 3
4

sin2 θ∗e±,genF
Free
0

3
8
(1− cos θ∗e±,gen)2F SM

L + 3
8
(1 + cos θ∗e±,gen)2F SM

R + 3
4

sin2 θ∗e±,genF
SM
0

|bin j.

(5.25)

In the case of event-by-event re-weighting, the i-j element of response matrix

(Rij) equals to one or zero, so that equation 5.23 is simplified to this form:

N reco
i (~F Free) ∝

∑
Events, bin i

W (cos θ∗e−e+,gen; ~F ), (5.26)

where the summation is over events in the ith bin of reconstructed cos θ∗l distribu-

tion. In order to extract helicity fractions, the final fit is performed by implementing

event-by-event re-weighting algorithm in a minimization program. Assuming Pois-

son statistics for the cos θ∗l distribution, a binned likelihood function is introduced

as:

L(~F Free) =
∏
i∈bins

NMC(i; ~F )Ndata(i)

Ndata(i)!
× e−NMC(i;~F ), (5.27)

where Ndata(i) and NMC(i; ~F ) are the number of observed and expected events in ith

bin of the cos θ∗l distribution, respectively. By using equation 5.26, the number of MC

events is written as a combination of re-weighted tt̄ signal events and backgrounds:

NMC(i; ~F ) = NBkg(i) +Ntt̄(i; ~F ), (5.28)

Ntt̄(i; ~F ) = Ftt̄[
∑

tt̄ events,bin i

W (cos θ∗gen; ~F )], (5.29)

NBkg(i) = Nsingle top(i) +NDY (i) +Ndi−boson(i) +NW+jets(i) +Ntt̄ other(i). (5.30)

As discussed before, due to low statistics, top quark pair events in tt̄ other sample

and single top quark events are not re-weighted. In above equation, Ftt̄ is a free

normalization parameter for the tt̄ component which is not sensitive to the extracted

W boson helicity fractions. This variable covers most of possible biases due to

detector inefficiencies, luminosity estimation, tagging efficiencies, acceptance of cuts

and theory uncertainties. The uncertainties related to the background normalization

are considered as a separate source of systematics.

After constructing likelihood function, the final measured helicity fractions are

obtained by maximizing the defined likelihood or minimizing the −2 ln(L(~F Free))

function. This can be done by performing a 3-D fit on the likelihood function using
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MINUIT package [134]. As can be seen from equations 5.25 and 5.29, the helicity

fractions F0, FL and FR and the normalization constant Ftt̄ are the free parameters

of the fit. The unitary constraint F0 + FL + FR = 1 can be used to determine right

handed fraction versus other two polarizations. Therefore, in this analysis we im-

plement F0, FL and Ftt̄ as free parameters into described 3-D fit. The full results

of helicity fractions as well as related statistic and systematic uncertainties will be

presented in the next chapter.

5.9 Validation of the fitting method

In order to check biases in the extracted fractions and related uncertainties, some

consistency tests are needed to be considered. To verify the validity of the applied

method, different kinds of checks are performed. In these validation tests, ensembles

of pseudo experiments obtained from MC samples with different settings are gen-

erated. In this analysis, two linearity and error estimation tests are investigated to

prove that the output results are unbiased and to check whether the method gives

proper statistical uncertainties. These two validation checks will be studied with

more details in the following sections.

5.9.1 Linearity check of method

The main idea of this test is to check whether the fit re-weighting method could

return the same output values as input ones, while the input helicity fractions are

being fixed. The results of the linearity check is interpreted as a two dimensional

phase space of input-output helicity fractions. Firstly, 300 pseudo-experiments using

1/3 fraction of events in the simulated samples to create pseudo-data are generated.

To build these pseudo-data collections, events are selected randomly from simulated

samples. In each pseudo-experiments, the number of pseudo-data events in the ith

bin of cos θ∗l histogram can be written as:

Npseudo−data(i; ~F ) =
∑

1/3 of tt̄ sample, bin i

ρFree(cosθ∗e±,gen)

ρSM(cosθ∗e±,gen)
+N

(1/3)
BKG(i; ~F ), (5.31)

where the sum and background parts run over 1/3 of randomly selected events in

the MC simulation samples. For each of these 300 pseudo-experiments, while the

right handed fraction is fixed to the SM value at the truth level (0.0017), the F0

value is varied linearly in 300 steps in [0, 1− FR] interval and the FL fraction is also

changed according to the unitary constraint. At the next step, each of obtained

pseudo-data set is normalized to the integrated luminosity of 19.7 fb−1. Finally,
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the pseudo-data is fitted to the entire simulated samples using same re-weighting

method described in the previous section. This procedure is repeated 300 times

for each of 300 pseudo-data. For each configurations with the fixed input helicity

fractions, 300 output values are obtained.

For a given fixed FR value, the dependency of reconstructed F0 and FL mean

values over 300 pseudo-experiments on the corresponding input fractions are shown

in figure 5.22.
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Figure 5.22: Linearity checks for F0 (left) and FL helicity fractions in the di-
electron channel. The linear polynominal functions are fitted on these graphs.

By fitting the distributions with a straight line, the slopes perfectly consistent

with unity and offset values are compatible with zero for both F0 and FL helicity

fractions. For the right handed fraction, the mean of 300 extracted output values

for each of pseudo-experiment are displayed versus the the sequential number of

pseudo-experiment in figure 5.23.
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Figure 5.23: Linearity check for the right handed helicity fraction with the
linear polynominal fitted function.
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The result of helicity fraction is then fitted with a linear polynomial function,

where the fit parameters are compatible with the expectation values. From the

linearity check results, it is concluded that the fit re-weighting method does not

introduce any bias, even for the case of input values away from the SM prediction.

5.9.2 Statistical properties of the estimators

To study statistical properties of the extracted helicity estimators, the pull and the

residual test are introduced in this section. In these tests, 1000 sets of pseudo-data

are created from the entire MC signal and background samples, where the helicity

fractions are fixed to the SM expectations. For each of pseudo-experiments, the num-

ber of selected events are normalized to an integrated luminosity of 19.7 fb−1, result

in compatibility of the statistical uncertainties in the simulated MC and dataset.

The events in these pseudo-experiments are selected randomly in order to ensure

presence only marginal correlation between the individual fit results.

The constructed pseudo-data sets are fitted into the entire simulated samples

with the same re-weighting method used in section 5.8. For these tests, 1000 values

for all of extracted helicity fractions are obtained. In order to study statistical biases

on the fitting procedure, the pull and residual variables are defined as:

residual = F est − F exp,

pull =
F est − F exp

σest
,

(5.32)

where σest is the statistical uncertainty on the estimated W boson helicity fractions.

In the case of correct estimation, it is expected to have a Gaussian shape with zero

mean value for the residual distribution. Also, a Gaussian function centred at zero

with unity width can describe the expected distribution of pull results. Figures

5.24, 5.25 and 5.26 display the residual and pull distributions for different helicity

fractions as well as fitted Gaussian functions.

The mean values within uncertainties for all residual and pull distributions are

equal to zero which means the fit method does not introduce any bias in the mea-

surements. Also, the width of pull distributions are compatible with unity which

proves that the uncertainties are estimated properly.
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Figure 5.24: The residual (left) and pull (right) distributions for the longitudinal
helicity fraction. Each distribution is fitted with a Gaussian function.
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Figure 5.25: The residual (left) and pull (right) distributions for the left handed
helicity fraction. Each distribution is fitted with a Gaussian function.
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Figure 5.26: The residual (left) and pull (right) distributions for the right
handed helicity fraction. Each distribution is fitted with a Gaussian function.



Chapter 6

Systematic uncertainties and

results

In this chapter, after introducing main systematic sources, the final results of helicity

fractions include the statistical and systematic uncertainties will be presented. The

statistical fluctuation of data coming from the finite set of observed events can

bias output results. On the other hand, systematic uncertainties are originated

from the nature of the measurement. To make a reliable results at the end, the

source of all uncertainties must be accounted properly. Several sources of systematic

uncertainty are considered in this analysis which can be categorized into theoretical

miss-modelling of the signal and background processes, the experimental setup and

the reconstruction method.

For each systematic effect, the corresponding simulated pseudo-data sets by

varying related variable are created. The effect of these variations are considered as

one standard deviation in either upward or downward directions with respect to the

central values. The up and down variations of each systematic source are reported as

the related mean values of these varied pseudo-data distributions after subtracting

from the nominal values. Finally by averaging over the up and down variations

with respect to the nominal values, the effect of systematic uncertainty is obtained

individually for each of systematic sources. The different systematic estimations are

assumed to be uncorrelated with each other. Then, the total systematic uncertainty

is computed by the quadratic sum of individual systematic values. In the following,

a short description of the systematic sources as well as their estimations in the

di-electron decay channel of tt̄ system are reported.

116
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6.1 Electron identification and trigger efficiencies

The methods to determine di-electron trigger scale factor as well as electron iden-

tification and isolation efficiencies were described with details in sections 5.3.1 and

5.3.2, respectively. The limited efficiency of the di-electron trigger leads to uncer-

tainty on the trigger efficiency. The uncertainty on the trigger efficiency determined

in different pseudorapidity bins of two electrons, around 1% (see figure 5.3).

In order to identify and to reconstruct electrons perfectly, uncertainties on the

electron identification and isolation are also taken into account. These uncertainties

are estimated in terms of the transverse momentum and pseudorapidity of electrons

using the same method described in section 5.3.2. The resulting global efficiencies

have a flat systematic trend with the nearly 1% variation in all of pT and η bins.

The overall systematic uncertainties on F0 and FL helicity fractions due to these

efficiencies are less than 0.001.

6.2 B-tagging scale factors

The b-tagging efficiency and mis-tag rate as well as b-tagging scale factor were

derived from the b-tagging at loose working point in section 5.3.3. They are provided

as a function of the jet pT from 20 to 800 GeV/c and |η| < 2.4. The individual

scale factors for b, c and light flavours are varied separately within one standard

deviation [123]. These variations lead to a new total b-tagging uncertainty using

the same procedure described in section 5.3.3. The uncertainty due to b-tagging

and non b-tagging efficiencies are evaluated separately. They are then added in

quadrature to obtain the total b-tagging systematic uncertainty.

6.3 Backgrounds normalization

To account the uncertainties on backgrounds cross section, the tW and DY produc-

tion cross sections are varied by 30% [135]. For the diboson and single top quark

processes (t- and s-channels), an extreme variation of 50% is taken into account.

Due to lower statistics of diboson and single top MC events, the corresponding

uncertainties on the helicity measurements are negligible.

The total systematic uncertainty due to background normalizations is obtained

by adding the uncertainties coming from each described background samples in

quadrature.
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6.4 Jet energy resolution and jet energy scale

The jet energy resolution, as described in section 4.3.6, is determined by matching

the reconstructed jets in the calorimeter and the tracking system to the jet at the

truth level. To estimate the impact of this uncertainty on the measurement of

the W boson helicity fractions, each jet is smeared within the η-dependent JER

uncertainties. For each case of up and down variations, the jet smearing effect

is propagated into Emiss
T as new MET. Full top pair reconstruction is done for each

nominal, scaled up and down scenarios and finally the related variations with respect

to the nominal value are considered as the JER uncertainty.

The uncertainty on the jet energy scale is composed of different components

[136] originating from the detector simulation, the calorimeter response and pileup

effect. For each sources, the contribution is estimated by varying the energy of

reconstructed jets within one standard deviation in bins of transverse momentum

and pseudorapidity [102]. By assuming uncorrelated individual effects, the up and

down jet energy scale uncertainties are evaluated by the quadratic sum of different

components.

6.5 Pileup effect

As discussed in section 5.2.2, the MC events are re-weighted to make a good de-

scription in the number of reconstructed pileup events in the data. The effect of

pileup re-weighting is checked by comparing the number of vertices in data and MC

before and after applying pileup effect, shown in figure 5.1. In order to evaluate the

systematic uncertainty on the pileup re-weighting, the same procedure as reference

[137] is followed.

It’s contribution is estimated by producing two additional samples with a vari-

ation of ±5% in the cross section of the minimum bias events. Based on the official

recommendation, the selection of this variation covers all uncertainties due to physics

and pileup modelling.

6.6 Integrated luminosity

The uncertainty on the integrated luminosity for the 2012 data taking is estimated

to be 2.6% [138]. The effect of the uncertainty is investigated by varying the nor-

malization factors in the signal and background samples simultaneously.
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6.7 Top quark pT re-weighting

The effect of the top pT scale factor on the shape of the top pT distribution was shown

in figure 5.18. The full explanation of procedure was discussed in section 5.6.4. For

this new scale factor, there is several source of uncertainties such as different selection

of fitting function and also possible correlation between data points. According to

[130], the systematic uncertainty of the top pT re-weighting is evaluated by taking

the differences on the measured helicity fractions when the weight is applied twice

with respect to the case without applying any weight.

6.8 The model dependent uncertainties

6.8.1 Top quark mass

The nominal tt̄ MC signal sample used in this analysis is generated with a top

quark mass of 172.5 GeV/c2. In order to evaluate systematic uncertainty due to the

top quark mass variation, MC samples with different top quark mass values from

169 GeV/c2 to 175 GeV/c2 in steps of 2.5 GeV/c2 are generated.

The whole procedure to extract helicity fractions in previous chapter is repeated

on the new MC signal samples. The errors on the helicity fractions are estimated

by interpolating the obtained mass uncertainties to the measured top quark mass

uncertainty window 1 GeV/c2 [139].

6.8.2 Factorization and renormalization scales

Similar to the top quark mass, the W boson helicity fractions are also affected by

the different values for factorization and renormalization scales. In order to estimate

the impact of these scales on the measurement presented in this analysis, the Q scale

is varied by a factor of 0.5 and 2 with respect to the nominal default value. To do

that, while new tt̄ signal and DY+Jets background samples are used with the varied

factorization scales, the other background simulated ones keep unchanged and same

fitting procedure is repeated for both up and down variations.

6.8.3 Jet-parton matching scale

In addition to the factorization scale uncertainty, the uncertainty on the matching

threshold for the matching between matrix element and parton shower in the gen-

eration of tt̄ signal events is also taken into account. In order to evaluate jet-parton

matching uncertainty, new tt̄ simulated samples with the increased and decreased

values of matching threshold were generated. Similar to the systematic case of
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factorization scale, the nominal simulated samples are used for the background con-

tributions and finally up and down helicity fractions are extracted with the same fit

re-weighting method.

From the systematic results on the factorization and jet-parton matching scales,

it can be concluded that the magnitude of these uncertainties is relatively large with

respect to the contributions of other systematic sources.

6.8.4 Hadronization model

The MADGRAPH generator, interfaced with PYTHIA has been used as the base-

line signal sample in this analysis. The impact of different hadronization mod-

elling of the tt̄ signal on the measured helicity fractions is studied using two new

MC@NLO+HERWIG and POWHEG+PYTHIA simulated samples. The differences

in the measured fractions between two processes are taken as the systematic uncer-

tainty on the hadronization modelling.

6.8.5 Parton distribution function uncertainty

The uncertainty due to the parton distribution functions (PDFs), is evaluated using

a re-weighting procedure with the help of 44 CTEQ66 error PDF sets [140] and the

Lhapdf package [141]. In order to avoid sample generations for each of PDF sets, a re-

weighting method is used. For each PDF sets, the simulated events are re-weighted

and the final fit results are determined from the mean values of several produced

pseudo-experiments. The results of re-weighted samples are compared with the

nominal tt̄ signal one, and the difference is taken as the systematic uncertainty. The

total systematic uncertainty due to errors on the PDF is defined as the square root

of the quadratically summed single contributions.

The contribution of this uncertainty is evaluated in the differential top pair cross

section analysis [135]. In di-electron channel, the value of error propagation on the

cross section is estimated to be 0.5%. For analysis presented in this thesis, the

uncertainty due to the PDF is estimated by applying corresponding up and down

varied top pair cross section values.

6.9 Limited statistics of signal sample

For some of systematic sources, the statistics of generated signal events are very low

which leads to the additional source of systematic due to the lack of statistics for MC

samples. The uncertainties from the lack of statistics for signal sample are estimated

by dividing signal sample into N subsamples and performing the same re-weighting
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procedure to extract the helicity fractions [41]. This procedure is repeated for many

times, distribution of output helicity fractions is obtained at the end.

It is expected, the mean values of distributions correspond to the extracted

fractions using the full sample. The systematic error is obtained by dividing the

spread of distributions to the root mean squared number of subsamples σ/
√

N, and

subtracting from the nominal values.

6.10 Systematics conclusion

The individual systematic uncertainty of each helicity fraction is estimated as the

average value of up and down variations with respect to the nominal. For each helic-

ity fractions, the single contributions are assumed to be uncorrelated and the total

systematic uncertainty is therefore calculated as the square root of the quadratic sum

of all the single contributions. By adding all single uncertainties in quadrature, we

obtain a total systematic uncertainties of ±0.65 and ±0.48 for the longitudinal and

left handed fractions, respectively. A summary of all various sources of systematic

uncertainties in di-electron channel is found in table 6.1.

Table 6.1: Summary of systematic uncertainties originating from various
sources.

Source of systematics ∆FL ∆F0

Lepton ID and trigger <0.001 <0.001
b-tagging 0.001 0.002

Background normalisations 0.003 0.006
Jet energy resolution 0.003 0.003

Jet energy scale 0.006 0.015
Top pT reweighting 0.005 0.010

Factorizarion/renormalization scales (signal) 0.035 0.052
Factorizarion/renormalization scales (DY) 0.006 0.010

Hadronization model 0.008 0.010
Jet-parton matching 0.030 0.030

Top mass (±1GeV/c2) 0.003 0.005
Pileup 0.001 0.002
PDF <0.001 <0.001

Integrated luminosity 0.001 <0.001
Limited simulated signal statistics 0.005 0.008

Total uncertainty 0.048 0.065

As can be seen in table 6.1, the dominant estimated systematic uncertainty

in this measurements are the factorization and normalization scales as well as the

jet-parton matching.
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By using the unitary constraint, the central value of the right handed helicity

fraction is also obtained. The statistical and systematic uncertainties on the F0 and

the FL polarizations are propagated to the measurement of the FR helicity fraction.

By taking into account the correlation between F0 and FL measurements for both

of statistical and systematic uncertainties, the errors on the right handed fraction is

written as:

δF stat
R =

√
(δF stat

L )2 + (δF stat
0 )2 + 2ρstatδF stat

L δF stat
0 ,

δF syst
R =

√√√√ N∑
i=1

[(δF syst; i
L )2 + (δF syst; i

0 )2 + 2ρsystij δF syst; i
L δF syst; j

0 ],
(6.1)

where the summation is over single systematic contributions and N is expressed as

the total number of systematic sources. The ρstat variable indicates the statistical

correlation coefficient between the F0 and the FL polarizations which is found to be -

0.92 for the di-electron channel. The parameter ρsyst
ij denotes the ij matrix element of

systematic correlation between these two helicity fractions for ith and jth systematic

sources with the following definitions:

Table 6.2: The value of systematic correlation matrix elements for different
variation conditions.

Definition Condition

ρsyst
ij = 1 δupFsyst

0 × δupFsyst
L > 0, δdownFsyst

0 × δdownFsyst
L > 0

ρsyst
ij = −1 δupFsyst

0 × δupFsyst
L > 0, δdownFsyst

0 × δdownFsyst
L < 0 ||

δupFsyst
0 × δupFsyst

L < 0, δdownFsyst
0 × δdownFsyst

L > 0

ρsyst
ij = 0 otherwise

In this analysis, the different sources of systematic uncertainties are assumed to

be one of anti-correlated, uncorrelated or fully correlated cases with the correspond-

ing -1, 0 or +1 values for the elements of systematic correlation matrix.

Figure 6.1 shows graphical comparisons between the longitudinal and the left

handed helicity fractions including their uncertainties to the SM expectation value

in the F0 − FL plane for the di-electron and the combination channels.

These ellipses indicate the measurements within 95% confidence level for the full

experimental uncertainty. The red and green dashed ellipses show the 2σ statistical

and systematic uncertainties, and the black dashed line indicates the corresponding

2σ total error. As can be seen from figure 6.1, the measurements are consistent with

the SM prediction.
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Figure 6.1: The 95% region in the (F0-FL) plane obtained from the fit to data
for the di-electron (left) and the combination (right) channels. The measured and
theoretical values of the W boson helicity fractions are shown as well.

6.11 Final results

The results of helicity fractions with corresponding statistical and systematic uncer-

tainties in the di-electron and the combination of all dilepton channels are summa-

rized in table 6.3.

Table 6.3: The measured W helicity fractions with corresponding uncertainties
in the di-electron and the combination of all dilepton channels.

Channel Result
F0 = 0.617 ± 0.037(stat) ± 0.065(syst)

e−e+ FL = 0.330 ± 0.022(stat) ± 0.048(syst)
FR = 0.053 ± 0.019(stat) ± 0.047(syst)
F0 = 0.653 ± 0.016(stat) ± 0.024(syst)

All channels FL = 0.329 ± 0.009(stat) ± 0.025(syst)
FR = 0.018 ± 0.008(stat) ± 0.026(syst)

The measured W boson helicity fractions are consistent with the SM expectation

at the NNLO within 2σ error bars. The statistical and systematic uncertainties on

the right handed helicity fraction are estimated with the method explained in the

previous section. Due to negative sign of statistical correlation for both channels,

a lower statistical uncertainty on the FR polarization with respect to the other two

ones is obtained.

The results of measured values for all of dilepton channels containing di-electron,

di-muon and electron-muon channels as well as combination of them are presented

in figure 6.2.

To make an overall comparison, the other measurements performed by the CMS

experiment in the tt̄ semileptonic channel [40, 41] and the single top quark channels
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Figure 6.2: Measured W boson helicity fractions in the tt̄ dilepton channels
compared with results in different final states from the CMS experiment [40–42]
and from the ATLAS experiment [39].

[42] are shown in this figure. In addition, the measured values of the helicity fractions

from ATLAS [39] are also presented.

6.12 Conclusions

The W boson helicity fractions in the di-electron channel of the top pair events have

been measured using a total integrated luminosity of 19.7 fb−1 in proton-proton

collisions. The observed events are collected by the CMS experiment during 2012

at the center-of-mass energy of 8 TeV. The sensitive observable used to measure the

helicity fractions is the cosine of the decay angle θ∗l . This variable is defined as the

angle between the charged lepton momentum in the W boson rest frame and that of

the W boson in the top quark rest frame. Since the measurement of cos θ∗l is based

on the full top pair reconstruction, a tt̄ kinematic reconstruction method has been

developed.

This analysis focuses on the di-electron final state which is characterized by the

presence of two oppositely charged isolated electrons, two b-tagged jets and missing

transverse energy. To fully reconstruct the top pair system, several ambiguities

in the reconstruction of two undetected neutrinos as well as the b-jet assignment

are occurred. In order to select the best candidates for the W bosons and the

top quarks, the AMWT method is used. By applying pileup re-weighting, electron

identification and isolation, trigger efficiency, jet energy resolution and scale, b-

tagging scale factor, and top pT re-weighting good agreement between data and MC
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is observed.

After fully kinematic reconstruction of the tt̄ events, the cos θ∗l distribution is

constructed. The resulting distribution is then subjected to the fit re-weighting

approach. The W boson helicity fractions are extracted using binned likelihood

method. Within the quoted statistical and systematic uncertainties, the different

results indicate good agreement with the SM predictions at the 95% confidence level.

Furthermore, the results are compared to other analyses in the CMS and ATLAS

experiments, and it is found to be consistent. Precise measurements of the W boson

helicity fractions will be provided soon with the center-of-mass energy of 13 TeV.
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Appendix A

Amplitude calculation of top

quark decay

The Lorentz-invariant amplitude of top quark decay can be written as:

iM =
ig√

2
b̄(q)γµ(

1− γ5

2
)t(p)ε∗µ(k). (A.1)

The spin-averaged square of the matrix element is given by:

〈
|M|2

〉
=

1

2

1

3

∑
quark spins

∑
W polarizations

|M|2 , (A.2)

where the first sum is over spin states of the top and the b-quarks while the second

sum is corresponding to all possible W boson helicity configurations. By substituting

equation A.1 in above formula, we have:

〈
|M|2

〉
=
g2

2

∑
spins

[b̄(q)γµ(
1− γ5

2
)t(p)][b̄(q)γν(

1− γ5

2
)t(p)]†×

1

3

∑
Wpolarizations

ε∗µ(k)εν(k),

(A.3)

gives

〈
|M|2

〉
=
g2

2

∑
spins

[b̄(q)γµ(
1− γ5

2
)t(p)][t̄(p)(

1 + γ5

2
)γνb(q)]× 1

3

∑
Wpolarizations

ε∗µ(k)εν(k),

=
g2

2

∑
r,s

[b̄ri (q)γ
µ
ik(

1− γ5

2
)kjt

s
j(p)][t̄

s
l (p)(

1 + γ5

2
)lmγ

ν
mnb

r
n(q)]×

1

3

∑
Wpolarizations

ε∗µ(k)εν(k),

(A.4)
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Since all the quantities in equation A.4 are just numbers, with the indices keeping

track of the matrix multiplication, this can be written as:

〈
|M|2

〉
=
g2

2
[γµik(

1− γ5

2
)kj(

1 + γ5

2
)lmγ

ν
mn][

2∑
r=1

brn(q)b̄ri (q)][
2∑
s=1

tsj(p)t̄
s
l (p)]×

1

3

∑
Wpolarizations

ε∗µ(k)εν(k),

(A.5)

Using the completeness relation for spinors, the top quark decay amplitude becomes:

〈
|M|2

〉
=
g2

2
[γµik(

1− γ5

2
)kj(/p+mt)jl(

1 + γ5

2
)lmγ

ν
mn(/q +mb)ni]×

1

3

∑
Wpolarizations

ε∗µ(k)εν(k),

=
g2

2
Tr[γµ(

1− γ5

2
)(/p+mt)(

1 + γ5

2
)γν(/q +mb)]×

1

3

∑
Wpolarizations

ε∗µ(k)εν(k).

(A.6)

This can be evaluated by writing /p = γαpα and /q = γβqβ. The calculation of the

spin-averaged square of the matrix element is reduced to some of trace calculations

involve combinations of γ-matrices. By using trace theorems, this can be written

as:

〈
|M|2

〉
= g2[pµqν + pνqµ − gµνp · q − iεµναβpαqβ]× 1

3

∑
Wpolarizations

ε∗µ(k)εν(k).

(A.7)



Appendix B

Data-MC comparison plots for

combination channel

The full analysis procedure, described in chapters 5 and 6 has been done for other

dilepton channels like di-muon and electron-muon. The number of observed com-

pared to the expected simulated events after each consecutive selection steps are

given in table B.1.

Table B.1: Number of events for each MC samples, Data and total MC in
different steps for combination of all dilepon channels. The statistical uncertainty
on MC samples are also included in this table.

Combination channel > 2 leptons > 2 jets MET > 2 b-tag tt̄

Diboson 21470.5 ± 48.2 1299.0 ± 10.0 850.1 ± 8.8 49.9 ± 2.2 29.8 ± 1.6
Wjets 3161.3 ± 180.0 266.1 ± 52.5 220.7 ± 47.8 19.1 ± 13.6 10.3 ± 10.4
DY 1315520 ± 1811.4 44376.8 ± 334.3 10137.7 ± 174.5 605.6 ± 44.2 420.4 ± 36.3
tW 9497.5 ± 67.7 3111.2 ± 38.9 2815.9 ± 37.0 1054.4 ± 22.5 677.4 ± 17.9

SingleTop 159.5 ± 7.4 26.7 ± 3.0 23.2 ± 2.8 6.4 ± 1.5 4.0 ± 1.1
tt̄ other 568.7 ± 6.6 457.1 ± 5.9 402.2 ± 5.5 126.8 ± 3.1 102.6 ± 2.8
tt̄ signal 99205.6 ± 68.6 67723.3 ± 56.5 61281.2 ± 54.0 33350.9 ± 39.5 29840.9 ± 37.1

Sum MC 1449580 ± 1823.6 117260 ± 345.5 75731.1 ± 192.7 35213.1 ± 65.0 31085.5 ± 55.9
Data 1530445 122382 75544 36266 31881

Several control plots of kinematic observables are presented in the following.

The kinematic properties of selected leptons, pT and η, are shown in figure B.1. In

figure B.2, the expected number of selected jets and the b-tagged jet multiplicity are

displayed. The comparison of the data and the MC for the transverse momentum of

the first and the second leading jets are presented in figure B.3. Figure B.4, provides

the dilepton invariant mass and the Emiss
T distributions.

In the following figures, the hatched areas correspond to the systematic uncer-

tainty on the MC simulation, explained in the chapter 6. Figures B.5 and B.6,

show the kinematic variables of W bosons and top quarks, respectively. In figure

B.7, the distribution of tt̄ invariant mass for the combination of dilepton channels

is presented.
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Figure B.1: The lepton pT (left) and η (right) distributions in combination of all
dilepton channels after requesting two b-tagged jets. At this step, all of described
correction scale factors are applied on the MC simulation events.
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Figure B.2: The jet multiplicity (left) and b-tagged jet multiplicity (right)
distributions in combination of all dilepton channels after requesting two b-tagged
jets. At this step, all of described correction scale factors are applied on the MC
simulation events.
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Figure B.3: The pT distributions for first (left) and second (right) leading jet in
combination of all dilepton channels after requesting two b-tagged jets. At this
step, all of described correction scale factors are applied on the MC simulation
events.
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Figure B.4: The distributions of oppositely charged dilepton invariant mass
(left) and missing transverse energy (right) in combination of all dilepton channels
after requesting two b-tagged jets. At this step, all of described correction scale
factors are applied on the MC simulation events.
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Figure B.5: The transvere momentum (left) and rapidity (right) distributions
of W bososn in combination of all dilepton channels after full kinematic recon-
struction of tt̄ events. All described correction scale factors are applied on the
MC simulation events. The hatched areas show the systematic uncertainties on
the MC events.
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Figure B.6: The distributions of top pT (left) and top rapidity (right) in com-
bination of all dilepton channels after full kinematic reconstruction of tt̄ events.
All described correction scale factors are applied on the MC simulation events.
The hatched areas show the systematic uncertainties on the MC events.
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Figure B.7: The distributions of tt̄ invariant mass for combination of all channels
after full kinematic reconstruction of tt̄ events. All described correction scale
factors are applied on the MC simulation events. The hatched areas show the
systematic uncertainties on the MC events.

One can clearly see from these distributions that the reasonable agreement be-

tween data and MC within the statistical and systematic uncertainties is obtained.
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